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Abstract

The Standard Model of particle physics predicts triple-gauge boson pro-
duction that test the non-abelian electroweak gauge structure. This thesis
reports the first measurement of ZZ“ production with the ATLAS detector
at the Large Hadron Collider. The analysis uses the full Run 2 dataset
(2015–2018), corresponding to an integrated luminosity of 140 fb≠1 of
proton-proton collisions at

Ô
s = 13 TeV. The study targets the fully lep-

tonic final state, pp æ ZZ“ æ ¸
+
¸
≠
¸
Õ+
¸
Õ≠
“ with ¸, ¸

Õ = e or µ. A fiducial re-
gion is defined to suppress contributions from photon final-state radiation
andmaximize the signal-to-background ratio. The dominant background—
non-prompt photons from jets—is estimated with a novel jet-ratio method
that extrapolates from a high-statistics control region, achieving a relative
systematic uncertainty of 18% on this background. Eight candidate events
are observed with an expected background of 0.92 ± 0.15 events, corre-
sponding to a significance of 4.4‡. The fiducial cross-section is measured
as ‡fid

ZZ“
= 0.144+0.077

≠0.053 (stat.)± 0.005 (syst.) fb, in agreement with the Stan-
dard Model prediction of 0.143± 0.005 fb. This measurement validates the
Standard Model description of electroweak triple-gauge boson production
within its uncertainties and provides a benchmark for future studies of
anomalous quartic-gauge couplings with larger datasets.
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Zusammenfassung

Das Standardmodell der Teilchenphysik sagt Triple-Eichboson-Prozesse
voraus, die die nicht-abelsche elektroschwache Eichstruktur direkt tes-
ten. In dieser Arbeit wird die erste Messung der ZZ“ Produktion mit dem
ATLAS-Detektor am Large Hadron Collider vorgestellt. Die Analyse nutzt
den kompletten Run 2 Datensatz (2015–2018), der einer integrierten Lu-
minosität von 140 fb≠1 an Proton-Proton-Kollisionen bei

Ô
s = 13 TeV

entspricht. Untersucht wird der vollständig leptonische Endzustand, pp æ
ZZ“ æ ¸

+
¸
≠
¸
Õ+
¸
Õ≠
“ mit ¸, ¸Õ = e oder µ. Eine Signalregion wird defi-

niert, um den Beitrag von Ereignissen mit Bremsstrahlung zu minimieren
und das Signal-zu-Untergrund-Verhältnis zu maximieren. Der dominante
Untergrund—nicht-prompte Photonen aus Jets—wird mit einer neu ent-
wickelten Jet-Verhältnis-Methode bestimmt, die aus einer Kontrollregion
mit hoher Statistik extrapoliert; damit wird eine relative systematische
Unsicherheit von 18% auf diesen Untergrund erreicht. Insgesamt werden
acht Ereignisse gemessen bei einem erwarteten Untergrund von 0.92± 0.15
Ereignissen, was einer Signifikanz von 4.4‡ entspricht. Der gemessene
Wirkungsquerschnitt beträgt ‡fid.

ZZ“
= 0.144+0.077

≠0.053 (stat.) ± 0.005 (syst.) fb
und stimmt mit der Vorhersage des Standardmodells von 0.143± 0.005 fb
überein. Damit bestätigt die Messung im Rahmen ihrer Unsicherheit die
Beschreibung der elektroschwachen Triple-Eichboson-Produktion im Stan-
dardmodell und liefert einenReferenzwert für zukünftige Studien anomaler
quartischer Eichkopplungen mit größeren Datensätzen.
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Chapter 1

Introduction

From the first Trans-Atlantic voyages to the discovery of the Higgs bo-
son [1, 2], humanity’s drive to explore the unknown has endured. Today
that same spirit is channeled into testing the Standard Model of particle
physics (SM) [3, 4], a quantumfield theory (QFT) that successfully describes
the properties and interactions of the fundamental particles. Despite its
remarkable predictive power, the SM is incomplete and several open ques-
tions persist: why is gravity absent, what is the nature of dark matter, and
why does matter dominate over antimatter? Consequently, precise tests of
the SM and its structure are crucial for uncovering physics beyond it.

The Large Hadron Collider (LHC) [5]—the world’s highest-energy accel-
erator—offers the most powerful means of testing the fundamental proper-
ties of the SM. During Run 2 (2015–2018), the LHC delivered proton-proton
collisions at a center-of-mass (COM) energy of 13TeV, corresponding to
an integrated luminosity of 140 fb≠1 recorded by the ATLAS detector [6].
This unprecedented dataset provides sufficient statistics to study rare elec-
troweak processes that directly probe the non-abelian gauge structure of
the SM. Fully neutral triple- and quartic-gauge couplings are forbidden in
the SM; any deviation would therefore be a clear sign of new physics.

In this thesis we focus on electroweak processes and present the first
measurement of ZZ“ production. By selecting events with two opposite-
sign same-flavor (OSSF) lepton pairs and an isolated photon, we define a
fiducial region. Additional selection criteria suppress photon final-state
radiation (FSR) contributions andmaximize the signal-to-background ratio.
The two dominant background contributions are non-prompt photons
from jets andmisidentified leptons from hadron decays. Both are estimated
with data-driven techniques: a newly developed jet-ratio method for the
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Chapter 1 Introduction

non-prompt photons and the classic matrix method for the misidentified
leptons. With the number of observed events and predicted background,
the fiducial cross-section is measured for the first time.

The remainder of the thesis is structured as follows. Chapter 2 andChap-
ter 3 provide the theoretical and experimental background, respectively.
Chapter 4 details the analysis strategy, event selection, and signal expecta-
tion. Chapter 5 discusses the estimation of all non-negligible background
contributions. Chapter 6 presents the signal extraction, the measured cross-
section, and its interpretation. Finally, Chapter 7 summarizes the main
results and future prospects.
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available as a pre-print [7].
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Chapter 2

Theoretical background

Particle interactions through the fundamental forces of the weak, strong,
and electromagnetic interactions can be described by the laws of QFT,
a theory combining quantum mechanics, field theory, and the concept
of special relativity. The SM is formulated as a QFT and describes the
underlying laws of particle physics. Although it is still incomplete (e. g.,
the masses of neutrinos), the model has proven to be very successful, and
particle physicists around the world are testing its limitations.

This chapter will provide the theoretical foundation for the analysis of
the ZZ“ production process. First, the theory of the SM will be outlined
in Section 2.1. Subsequently, an overview of triple-gauge-boson production
will be presented in Section 2.2.

2.1 The Standard Model of particle physics

The SM is a renormalizable gauge theory [8] based on the

SU(3)C ¢ SU(2)L ¢ U(1)Y

symmetry group [4]. Thismodel describes the strong,weak, and electromag-
netic forces. TheSU(3)C group is the non-abelian gauge group of the strong
interaction, QuantumChromodynamics (QCD). The subscriptC represents
the quantum number of QCD, known as color. Only quarks and gluons
carry color charge, and hence are affected by QCD [9]. The SU(2)L group
is a chiral, non-abelian symmetry group that acts only on left-handed (LH)
weak-isospin doublets [10]. The U(1)Y group is also chiral but abelian; it
has the weak hypercharge Y as its quantum number and the Bµ field as
its force carrier. The SU(2)L ¢ U(1)Y symmetry describes the electroweak
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Chapter 2 Theoretical background

interactions, the unification of the weak and electromagnetic forces [11].
After spontaneous symmetry breaking (SSB), the SU(2)L ¢ U(1)Y symme-
try group breaks down to the U(1)EM group, with the massless photon as
force carrier; the gauge bosons of the electroweak force—the W± and Z

bosons—acquire mass [12].
The SM currently consists of 12 spin-1 gauge bosons, 12 spin- 12 fermions

with their corresponding antiparticles, and one spin-0 scalar boson. The
spin-1 gauge bosons are eightmassless gluons, the heavyW± andZ bosons,
and the massless photon; these bosons are the force carriers of the strong
and electroweak forces. The fermions come in three generations, ordered
by increasing mass, and can be grouped into quarks and leptons. While all
quarks have electromagnetic and color charges, only three leptons (e, µ, · )
have electromagnetic charge and none has color charge. The three neutral
leptons are neutrinos, which interact only via the weak force. The Higgs
boson is the spin-0 boson, and it gives mass to all massive particles in the
SM [11]. A pictorial overview of the SM is displayed in Fig. 2.1.

The SM is described by a Lagrangian, which can be broken down into
different components:

LSM = Lgauge + Lkinetic + LHiggs + LYukawa. (2.1)

Here, Lgauge is the Lagrangian for the gauge-bosons’ kinetic terms, describ-
ing their interactions and self-interactions. The fermion kinetic terms and
the interaction of fermions with the gauge bosons are described in Lkinetic.
All interactions involving the Higgs bosons are contained in LHiggs and
LYukawa describes the Yukawa couplings resulting in the fermion mass
terms [12]. We will describe the components of the Lagrangian in more
detail in the following sections.

2.1.1 Gauge-bosons’ kinetic terms

The Lagrangian of the gauge-bosons’ kinetic terms is given by

Lgauge = ≠1
4G

a

µ‹
G

µ‹,a ≠ 1
4W

i

µ‹
W

µ‹,i ≠ 1
4Bµ‹B

µ‹
. (2.2)

The field-strength tensor of the gluon gauge field is Gµ‹ . The Wµ‹ and
Bµ‹ gauge fields are the field-strength tensors of the SU(2)L and U(1)Y
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2.1 The Standard Model of particle physics

three generations of matter
(fermions)

I II III

interactions / forces
(bosons)

mass
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spin u
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+2/3
1/2 c
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→ 1.3 GeV
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1/2 t

top

→ 173GeV
+2/3
1/2

d

down

→ 4.7MeV
→1/3
1/2 s

strange
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1/2 b

bottom

→ 4.2 GeV
→1/3
1/2

Q
U
A
R
K
S

e

electron

→ 0.511MeV
↑1
1/2 µ

muon

→ 106MeV
↑1
1/2 ω

tau

→ 1.777GeV
↑1
1/2

εe
electron
neutrino

< 1.0 eV
0
1/2 εµ

muon
neutrino

< 0.17 eV
0
1/2 εω

tau
neutrino

< 18.2MeV
0
1/2

L
E
P
T
O
N
S

g

gluon

0
0
1

ϑ

photon

0
0
1

W

W boson

→ 80.4 GeV
±1
1

Z

Z boson

→ 91.2 GeV
0
1

G
A
U
G
E

B
O
S
O
N
S

V
E
C
T
O
R

B
O
S
O
N
S

H

Higgs

→ 125GeV
0
0

S
C
A
L
A
R

B
O
S
O
N
S

Figure 2.1: Pictorial representation of the Standard Model, taken and mod-
ified from [13]. The neutrinos are assumed to be massless in the SM, even
though it has been proven that at least two neutrinos have mass [14].

symmetry groups, respectively. Since the U(1)Y group is abelian, its field
strength is

Bµ‹ = ˆµB‹ ≠ ˆ‹Bµ. (2.3)

In the case of the non-abelian SU(3)C and SU(2)L gauge groups, the field-
strength tensors are given by

G
a

µ‹
= ˆµG

a

‹
≠ ˆ‹G

a

µ
≠ gsfabcG

b

µ
G

c

‹
a, b, c = 1, .., 8

W
i

µ‹
= ˆµW

i

‹
≠ ˆ‹W

i

µ
≠ g‘ijkW

j

µ
W

k

‹
i, j, k = 1, .., 3.

(2.4)

The gauge couplings of the SU(3)C and SU(2)L groups are gs and g, re-
spectively. These gauge groups have structure constants: fabc for SU(3)C
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Chapter 2 Theoretical background

and ‘ijk for SU(2)L group. The non-abelian nature of the symmetry groups
gives rise to the gauge-boson self-interactions [10, 12].

The interaction strength is proportional to the coupling strength and is
determined by the coupling constant –. While in Quantum Electrodynam-
ics (QED) the coupling strength decreases with distance, the opposite is
true in QCD. This phenomenon is known as running coupling.

The self-interactions of the gluons result in the absence of free quark
or gluon states at large distances (low energies). These particles are always
confined in color-neutral hadrons, such as baryons (qqq) and mesons (qq̄).
Since the potential of the self-interaction grows stronger with distance,
new gluons or quark-antiquark pairs are produced between the separating
quarks and gluons, resulting in hadronization—the production of color-
neutral bound states. While we have confinement at low energies, in the
high energy regime the quarks and gluons are almost free, interacting
weakly; this behavior is called asymptotic freedom [4, 9].

2.1.2 Fermion kinetic terms

For the fermion kinetic terms, the Lagrangian is given by

Lkinetic = L̄ii /DLi+Q̄ii /DQi+¯̧
Rii /D¸Ri+ūRii /DuRi+d̄Rii /DdRi+h.c., (2.5)

the slash notation refers to the contractionwith the gammamatrices “µ and
h.c. being the abbreviation forHermitian conjugate. The covariant derivative
D is given by

D
µ = ˆ

µ + igSG
µ

a
La + igW

µ

i
Ti + ig

Õ
B

µ
Y. (2.6)

Here,L andQ are the LH isospin doublets for the three different generations
and ¸R, uR and dR the right-handed (RH) singlets. The doublets are defined
as

L =
A
‹¸

¸
≠

B
andQ =

A
u

d

B
(2.7)

with ¸ = e, µ, · , u up-type quarks (u, c, t) and d down-type quarks (d, s, b).
Since the neutrinos are massless in the SM, there is no RH neutrino com-
ponent. In the covariant derivative (Eq. (2.6)), Gµ

a , Wµ

i
, and B

µ are the

8



2.1 The Standard Model of particle physics

eight gluon fields, the three weak-interaction fields, and the weak hyper-
charge field, respectively. The gÕ is the coupling constant associated with
the U(1)Y group. The generators of the symmetry groups are La, Ti, and
Y . They act only on their corresponding states, i. e. La acts only on color
triplets, and Ti only on isospin doublets.

2.1.3 Higgs boson terms and gauge-boson masses

While the SU(2)¢U(1) symmetry group describes the electroweak interac-
tions well, the theory does not allow for any gauge-boson mass terms [15].
This contradicts the observedmassiveW± andZ bosons [16]. One solution
to this problem is through SSB via the Brout-Englert-Higgs mechanism [17,
18].Here, a complex scalarSU(2)doublet�with a gauge-invariant so-called
Mexican-hat potential:

V (�) = ≠µ
2�†�+ ⁄

2
!
�†�

"2
, with � =

A
„
+

„
0

B
, (2.8)

is introduced, where µ and ⁄ are parameters of the potential with µ
2
<

0 [9]. This potential has one unstable local maximum at � = 0 and a
global, degenerate circle of minima whose radius equals the non-zero
vacuum-expectation value (vev) 1Ô

2v. Through the choice of a particular
solution, the symmetry is spontaneously broken, giving mass to the gauge
bosons [11].

This mechanism is embedded in the SU(2)L ¢ U(1)Y symmetry and
leads to the unification of the electromagnetic and weak interactions [19–
21]. The SU(2)L ¢U(1)Y symmetry is spontaneously broken into U(1)QED,

SU(3)C ¢ SU(2)L ¢ U(1)Y SSB≠≠æ SU(3)C ¢ U(1)QED

With the U(1)QED symmetry remaining, three out of four symmetries are
broken, giving mass to three vector bosons—theW± and Z bosons. The
remaining gauge boson stays massless and is the photon [22].

Because the complex scalarfieldhas anon-zero vev, amassive excitation
remains; this is the Higgs field [4]. The Lagrangian describing the Higgs

9



Chapter 2 Theoretical background

couplings is

LHiggs = |Dµ�|2 ≠ V (�)

= |Dµ�|2 + µ
2�†�≠ ⁄

2
!
�†�

"2
,

(2.9)

where the first term is the kinetic term with the covariant derivative as
stated in Eq. (2.6). After SSB the Lagrangian becomes

LHiggs =
1
4g

2
W

≠
µ
W

µ+ (v + h)2 + 1
2
g
2 + g

Õ2

4 ZµZ
µ (v + h)2

≠ µ
2
h
2 ≠ ⁄vh

3 ≠ 1
4⁄h

4
,

(2.10)

where h represents the Higgs field, which arises through the parametriza-
tion of the scalar doublet via the unitary gauge with [10, 15]

� = 1Ô
2

A
0

h+ v

B
. (2.11)

TheW±
µ

and Zµ boson fields in Eq. (2.10) are combinations of theW i

µ
and

Bµ fields according to

W
±
µ

= 1Ô
2
(W 1

µ
û iW

2
µ
) and Zµ = 1


g2 + gÕ2

(gW 3
µ
≠g

Õ
Bµ). (2.12)

The photon field Aµ is given by [19]

Aµ = 1


g2 + gÕ2
(gÕW 3

µ
+ gBµ). (2.13)

The kinetic terms describe theHiggs couplings to themassive gauge bosons
through triple or quartic interactions and always involve twomassive gauge
bosons whose total electric charge is zero. The potential includes the Higgs
boson triple and quartic self-interaction terms [3].

2.1.4 Yukawa coupling

While the Higgs mechanism solves the problem of massive gauge bosons,
the Higgs field also provides the possibility of fermion mass terms. Due to
the non-conserving gauge symmetry of the combination of LH doublets
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2.1 The Standard Model of particle physics

and RH singlets, fermionmass terms are not allowed in the SMwithout the
Higgs field. However, by adding the complex scalar Higgs field, invariance
under gauge transformations is maintained [4]. The coupling between a
fermion field and a scalar field is called a Yukawa coupling [12]. The SM
Lagrangian of the Yukawa coupling is

LYukawa = ≠y¸L̄i�¸Ri ≠ ydQ̄i�dRi ≠ yuQ̄i�c
uRi + h.c. (2.14)

with the Yukawa coupling constants y¸, yd, and yu. To conserve the U(1)Y
symmetry in the case of up-type quarks, the charge-conjugated Higgs dou-
blet �c = ≠i‡2�ú is used, with ‡2 the second Pauli matrix. After SSB and
using the unitary gauge parametrization, the Lagrangian can be written as

LYukawa = ≠
ÿ

f

3
mf f̄f +mf

h

v
f̄f

4
, with f = ¸, u, d. (2.15)

Here, mf is the fermion mass, defined as mf = yfvÔ
2 . The first part of the

Lagrangian gives the fermions their masses through the non-zero vev. The
second part is the coupling between two fermions and the Higgs boson.
This representation of the SM Yukawa coupling with the fields in the mass
basis is the most general and does not include flavor indices or mixing
matrices [4, 11].

We will briefly discuss the quark Yukawa couplings and their effects.
In contrast to leptons, the flavor eigenstates of the quarks are not equal to
their mass eigenstates. We can transition from the mass basis to the flavor
basis with a unitary 3◊3 rotationmatrix. This matrix is called the Cabibbo-
Kobayashi-Maskawa (CKM) matrix [23, 24], VCKM, and the amplitude of the
off-diagonal elements is proportional to the probability of flavor-changing
weak interactions. The matrix has four parameters: three mixing angles
and one phase. The phase is the only source of charge-parity violation in
the SM [11, 12, 25].

We can now combine the different parts to write out the full SM La-
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Chapter 2 Theoretical background

grangian,

LSM =≠ 1
4G

a

µ‹
G

µ‹,a ≠ 1
4W

b

µ‹
W

µ‹,b ≠ 1
4Bµ‹B

µ‹

+ L̄ii /DLi + Q̄ii /DQi + ¯̧
Rii /D¸Ri + ūRii /DuRi + d̄Rii /DdRi + h.c.

+ |Dµ�|2 + µ
2�†�≠ ⁄

2
!
�†�

"2

≠ y¸L̄i�¸Ri ≠ ydQ̄i�dRi ≠ yuQ̄i�c
uRi + h.c..

(2.16)

2.2 Triple-gauge-boson production

The Standard Model of particle physics has 19 independent free param-
eters that need to be experimentally determined [10]. We can probe the
consistency of different parameters through a variety of measurements—
over-constraining the SM. While we are trying to find deviations from
the SM, a multitude of measurements are consistent with the present the-
ory [26]. In the LHC era, with an unprecedented amount of data available,
there are two complementary ways to test the limits of the SM: precision
and rarity. The study of triple-gauge-boson production belongs to the sec-
ond category. With the requirement of three gauge bosons in the final state,
the production cross-section is drastically reduced.

Typical Feynman diagrams of the triple-gauge-boson production are
presented in Fig. 2.2. These processes are among the few that involve triple
and quartic gauge couplings at leading order (LO), resulting in a primary
testing ground for probing the non-abelian nature of the weak interac-
tion [27]. The exact cancellation of divergences from the interference of
gauge-boson self-interactions and their interactions with the Higgs boson
is essential for electroweak unification via SSB [28, 29]. Thus, studies of
triple-gauge-boson production can test the theory of electroweak symmetry
breaking.

An overview of the measured SM production cross-sections with the
ATLAS detector at the LHC is given in Fig. 2.3. The cross-section measure-
ments of triple-gauge-boson processes are shown in the lower-right corner.
Despite their low cross-section and thus low number of expected events,
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Figure 2.2: Typical Feynman diagrams producing triple-gauge-boson final
states. Here, V = {Z,W±

, “}, but not all combinations are allowed in the
SM.

many triple-gauge-boson final states have been observed ormeasured, such
asWWW [30], V V Z [31],W““ [32],WZ“ [33], and Z““ [34]. However, the
ZZ“ final state remains unobserved. The full analysis and its first evi-
dence will be presented in this thesis. Before detailing the analysis, the
experimental setup will be described in the following chapter.
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Figure 2.3: Cross-section measurements of Standard Model production
processes from the ATLAS detector at the LHC, taken from [35].
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Chapter 3

Experimental setup

By primarily colliding proton beams at luminosities up to 2.1 ·1034 cm≠2s≠1

and COM energies up to 13.6TeV, the LHC is the most powerful tool to
test the SM. As part of a large accelerator complex, the LHC belongs to
the European Organization for Nuclear Research (CERN) and is located
in Switzerland. Here, many experiments, such as the ATLAS experiment,
share common resources and combined efforts, resulting in a wide-ranging
physics program.

This chapter provides an overview of the experimental environment.
The LHC, as part of an accelerator complex, will be outlined in Section 3.1,
the ATLAS detector will be described in more detail in Section 3.2, and the
reconstruction of particles traversing the ATLAS detector, as well as their
simulation, will be presented in Section 3.3.

3.1 The Large Hadron Collider

The LHC is the highest-energy particle collider, located approximately
100m underground in a 27km long tunnel at the French-Swiss border [36].
The tunnel originally built for the Large Electron-Positron Collider (LEP)
is repurposed to accommodate the main ring of the circular LHC. Due to
the high beam intensity, the use of an antiproton beam is not feasible.
Thus, two counter-rotating proton beams with opposite magnetic dipole
fields need to fit in the same tunnel [5]. The ring contains dipole and
quadrupole magnets, whose fields keep the particles on the LHC orbit and
focus them [37].

The LHC accelerates particle beams that collide at four crossing points,
also called interaction points (IPs) [5]. These four IPs house the four major
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Chapter 3 Experimental setup

Figure 3.1: Schematic overview of the CERN accelerator complex with the
LHC ring, its experiments, and injector chains. Taken from [42].

LHC experiments: A Large Ion Collider Experiment (ALICE) [38], the AT-
LAS experiment [6], the Compact Muon Solenoid (CMS) experiment [39],
and the Large Hadron Collider beauty (LHCb) experiment [40]. While the
ATLAS and CMS experiments have general-purpose detectors and a wide-
ranging physics program to exploit the full potential of the LHC, the ALICE
experiment focuses on heavy-ion physics and the LHCb experiment on fla-
vor physics—especially b-physics. Besides protons, the LHC can be supplied
with (heavy) ions, such as lead, which allows the study of extreme energy
densities, such as quark-gluon plasma [41].

Before the particles enter the LHC, they are accelerated by an entire ac-
celerator complex (see Fig. 3.1). In the case of protons, their journey starts as
negatively charged hydrogen ions, which are accelerated in a linear accelera-
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3.1 The Large Hadron Collider

tor (LINAC) and stripped of electrons during the transfer to a booster. Up to
2018, LINAC2 supplied the Proton Synchrotron Booster (PSB) with 50MeV
protons. Since 2020, LINAC4 accelerates the protons to 160MeV [43, 44].
In the PSB, the protons are further accelerated to 1.4GeV and injected into
the Proton Synchrotron (PS). Before transferring the protons to the Super
Proton Synchrotron (SPS), they reach an energy of 26GeV. The SPS supplies
the LHC with 450GeV protons, which can then be further accelerated up
to the design COM energy of 7TeV [45].

The LHC schedule is divided into different run periods for data-taking
and long shutdowns for maintenance and upgrades. The data analysis in
this thesis is from Run 2, the second data-taking period from 2015 to 2018.
Currently, Run 3 is ongoing, and after the next long shutdown, further data-
taking periods with the High-Luminosity Large Hadron Collider (HL-LHC)
will start [46, 47]. For the HL-LHC, the LHC will upgrade its injector com-
plex to reach higher beam intensities and replace the focusing magnets to
squeeze the beam further [36, 48].

3.1.1 Luminosity

The two key parameters that characterize particle colliders are the beam
energy and its luminosity. The higher the COMenergy, the heavier particles
can be produced—or the smaller scales can be probed—and the larger the
luminosity, the more collisions occur per unit time [49]. Luminosity, L, is a
quantity that measures the number of interactions produced per unit time:

dR

dt
= L‡. (3.1)

Here, an interaction (event) is the collision of two particles; dR/dt is the
number of events per unit time [50], and ‡ is the cross-section—a measure
of the probability of a collision. In the LHC, we do not have individual
particles colliding; instead, we have bunched beams withN particles per
beam and a beam density fl. Thus, the luminosity in a head-on collision is
given by

L = 2N1N2fNb

⁄ ⁄ ⁄ ⁄
fl1(x, y, z, t)fl2(x, y, z, t) dx dy dz dt, (3.2)
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where the indices 1 and 2 refer to the two beams, Nb is the number of
bunches (packages of particles) per beam, and f is the revolution frequency.
Assuming equal Gaussian beamswith beamwidths ‡x and ‡y, and head-on
collisions, the definition of the luminosity simplifies to

L = N1N2fNb

4fi‡x‡y

(3.3)

Here, L is the luminosity at a given moment in time and is called instan-
taneous luminosity. In contrast, the integrated luminosity, L, is defined as
L =

s
L dt. Since the integrated luminosity L directly relates the number

of events to its cross-section,

N = L‡, (3.4)

the precise knowledge of it is crucial [49, 50].

3.2 The ATLAS detector

The high interaction rates, radiation doses, and requirements for precision
measurements of different particle signatures demand a custom-built de-
tector. The ATLAS experiment is a cylindrical detector with different layers
of custom-made sub-detectors surrounding the IP1. The detector provides
full azimuthal angle coverage and a large pseudorapidity acceptance with
its central barrel and two End-Cap (EC) structures.

The innermost part, the Inner Detector, provides precise tracking infor-
mation for charged particles. Their trajectories are bent by the supercon-
ducting solenoid, which surrounds the InnerDetector. Electromagnetic and
hadronic showers are mostly contained, and their energies are measured in
the electromagnetic (EM) and hadronic calorimeters around the solenoid.
The outermost layer is the muon spectrometer, which is immersed in the

1ATLAS uses a right-handed coordinate system with the origin at the nominal IP at the
center of the detector. The z-axis is along the beam line, while the x-axis points towards the
center of the LHC ring and the y-axis points upwards. Most of the time spherical coordinates
are used with the azimuthal angle „ around the z-axis in the transverse plane, and the polar
angle ◊ from the beam axis. The pseudorapidity is defined as ÷ = ≠ ln tan(◊/2) and, in the
relativistic limit, agrees with the rapidity y, y = 1

2 ln
!
E+pz
E≠pz

"
. Angular distances are defined

as�R ©


(�÷)2 + (�„)2 [6].
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3.2 The ATLAS detector

Figure 3.2: Schematic overview of the ATLAS detector for Run 3. The new
small wheel muon chambers were installed during the long shutdown
between Run 2 and Run 3. The remaining layout of the detector has not
been changed. Taken from [55].

magnetic field of the three large superconducting toroids [6, 51]. Events
are selected by successfully passing the L1 trigger and the High-Level Trig-
ger (HLT) [52].

A schematic overview of the detector is presented in Fig. 3.2 and will be
described in more detail in the following sections. While the ATLAS detec-
tor is themain part of the experiment, smaller detectors such as Luminosity
measurement using Cherenkov Integrating Detector (LUCID)-2 [53] or
Absolute Luminosity for ATLAS (ALFA) [54] provide crucial information
about luminosity measurements and the total inelastic proton-proton (pp)
cross-section.

3.2.1 The magnet system

The ATLAS detector has a central solenoid and three toroidal magnets:
one barrel toroid and two EC toroids. These magnets provide the necessary
bending power to measure charged-particle momenta [6, 56]. The super-
conducting solenoid is located in the center of the experiment and creates
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a 2Tmagnetic field in the Inner Detector [57]. The three superconducting
toroids have eight coils, which are radially and symmetrically arranged
around the beam line. Here, the EC toroids are rotated by 22.8¶ for optimal
bending power [56, 58].

3.2.2 The Inner Detector

The Inner Detector is immersed in the solenoid field and provides track-
ing information for charged particles up to |÷| < 2.5 through its three
independent, complementary sub-detectors [6].

The innermost sub-detector is the silicon-pixel detector, providing pre-
cision tracking and secondary-vertex positions near the IP. The three pixel
layers are accompanied by a fourth layer—the Insertable B-layer, which
was installed closest to the beam pipe before the start of Run 2 [59, 60].

The pixel detector is surrounded by the Semiconductor Tracker (SCT),
with four layers of silicon-strip sensor modules in the barrel and nine disks
in the ECs [61].

The outermost part of the Inner Detector is the Transition Radiation
Tracker (TRT), where straw tubes are used as tracking drift chambers. The
spaces between the straws are filled with fiber/foil to create transition
radiation for electron identification [59, 62]. The TRT is separated into a
barrel and two EC detectors, providing approximately 35 hits per track [63,
64].

3.2.3 The calorimeters

The calorimeters of the ATLAS detector cover a pseudorapidity range of
|÷| < 4.9. A fine-granularity EM sampling calorimeter with liquid argon as
the active material and lead absorber plates covers the pseudorapidity up
to |÷| = 3.2. The calorimeter has accordion-shaped layers for full azimuthal
coverage and uses liquid argon for its radiation hardness, linear behavior,
and stability. The EM sampling calorimeter is split into a barrel and two EC
parts, resulting in a transition region (1.37 < |÷| < 1.52) between them [6,
65]. To minimize the energy loss of particles in front of the calorimeters,
their vacuumvessel is sharedwith the solenoid. Additionally, a pre-sampler
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corrects for the energy loss from upstreammaterial [66].
The hadronic sampling calorimeter with steel absorbers and plastic

scintillating tiles covers the pseudorapidity |÷| < 1.7. It consists of a long
barrel and two extended barrels with the tile gap (1.0 < |÷| < 1.1) in
between [67]. The hadronic tile calorimeter is accompanied by the hadronic
end-cap Calorimeters (HECs), two wheels each containing a liquid-argon
sampling calorimeter and copper absorber plates on each EC [68].

In the forward regions (3.2 < |÷| < 4.9), additional EM and hadronic
calorimeters—the Forward Calorimeters (FCals)—are installed to extend
the energy measurements to higher pseudorapidities. The FCals experience
high radiation and thus have, per side two layers of tungsten (hadronic)
and one layer of copper (EM) as absorbers, and liquid argon as active mate-
rial [66].

Overall, the different ATLAS calorimeters not only cover a large pseu-
dorapidity range but also contain the EM and hadronic showers well. The
EM calorimeters have a depth of up to 24X0 (radiation length), and the
hadronic calorimeters extend to 11⁄ (interaction length) [6].

3.2.4 The muon system

The high-resolutionMuon Spectrometer (MS) has precision tracking cham-
bers for |÷| < 2.7 as well as standalone triggering chambers for |÷| < 2.4.
The muon trajectories are deflected by the three large air-core toroids and
measured by three layers of Monitored Drift Tubes (MDTs) or Cathode
Strip Chambers (CSCs). The MDTs are precision tracking chambers made
of aluminum tubes with wires inside. Closest to the beam pipe and at larger
pseudorapidities, CSCs—multi-wire proportional chambers with cathode-
strip readout—are used due to the high background.

For triggering, Resistive Plate Chambers (RPCs) and Thin Gap Cham-
bers (TGCs) are implemented in the barrel and ECs, respectively. While
RPCs are gaseous detectors with narrow gas gaps between two parallel resis-
tive plates, TGCs are multi-wire proportional chambers with a small wire
distance resulting in a short drift time. Besides triggering information, these
chambers also provide information on the bunch-crossing identification
and the second coordinate of the muon trajectories [6, 69].
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3.2.5 The trigger and data acquisition system

The main functions of the Trigger and Data Acquisition (TDAQ) system
are managing the data flow and online event selection [70]. The ATLAS
experimenthas a two-level trigger system forfiltering and selecting events—
the hardware-based L1 trigger with custom electronics and the software-
based HLT.

The L1 trigger reduces the event rate from 40MHz to 100kHz with a
latency of 2.5µs [6, 71]. The trigger decision is made by the Central Trig-
ger Processor (CTP) after receiving reduced granularity information from
the L1 Calorimeter trigger and the L1 Muon trigger, as well as topologi-
cal requirements from the L1 topological trigger. In case of a L1 Accept,
Regions-of-Interest are sent to the HLT.

With fast trigger algorithms to reject events early and more computa-
tionally intensive and precise algorithms thereafter, the HLT reduces the
event rate to 1.2kHz. All events passing the HLT are sent to permanent
storage for further offline analysis [52].

3.3 Particle reconstruction

The particles created in pp collisions at the IP traverse the ATLAS detector,
leaving characteristic signatures. This section will provide an overview of
the signals generated by each sub-detector and how they are combined to
reconstruct properties of different particles. The reconstruction of objects
relevant for the analysis, e. g., electrons, photons, and muons, will then be
described in more detail.

3.3.1 Particle signatures

Charged particles traversing the Inner Detector leave hits—signals in the
sub-detectors. The hits are combined into tracks using the Kalman-filter
algorithm [72]. The track curvature depends on the particle’s transverse
momentum and charge.

In the EM calorimeters, particles deposit their energy through material
interactions with the lead absorbers. The deposited energy is measured in
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the active material, liquid argon, via ionization. Highly energetic particles,
especially hadrons, produce large showers that extend to the hadronic
calorimeters. Here, the deposited energy is measured by scintillating tiles
or liquid argon.

The minimum-ionizing muons and some extremely high-energy par-
ticles can reach the muon spectrometer, where the charged particles are
bent by the magnetic field, and leave signals in the tracking and trigger-
ing chambers. Through the combination of these signals, tracks can be
reconstructed [45, 51].

3.3.2 Reconstruction overview

Electron and photon candidates are reconstructed through their energy
deposits in the EM calorimeters. Additional information from the Inner
Detector is needed to differentiate between electrons, converted and uncon-
verted photons. Converted refers to photons producing an electron-positron
pair in the Inner Detector via material interaction. While the photons leave
no hits in the Inner Detector, the electron-positron pair does. This results
in a conversion vertex with oppositely bent hits emerging from it. Energy
deposits matched to a track in the Inner Detector are reconstructed as elec-
trons. If no track is matched to the energy deposit, it is reconstructed as
unconverted photon, and matched conversion vertices are reconstructed
as converted photons [73].

Muon candidates are objects that have matched tracks in the Inner
Detector and the MS [74].

Neutrinos escape the detector without leaving any signals behind. The
only way to reconstruct neutrinos is indirectly through the energy imbal-
ance. Energy conservation demands that the total transverse energy be
the same before and after the collision. Since the transverse energy is zero
before the collision, the vector sum of all energy deposits must cancel.
Thus, the missing energy can be inferred from the sum of the measured
energy [45, 51].

Quarks or gluons are not observed as free particles due to confinement.
Their hadronization results in a multitude of collimated objects defined as
jets. Specific algorithms are needed to group the energy deposits from the
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particles together. The ATLAS experiment uses the anti-kT algorithm [75,
76] based on recursive clustering of the energy clusters. To compensate for
energy losses, e. g., from decays into neutrinos, or energy deposits from
other pp collisions in the same or neighboring bunch crossings, sophisti-
cated energy-scale calibrations are applied to reconstructed jets [77].

3.3.3 Primary vertex reconstruction

Vertices are the interaction points of particle collisions or decays. In the
ATLAS detector, the primary vertices refer to the collisions of the incom-
ing protons and lie along the beam line. Secondary vertices are displaced
vertices originating frommaterial interactions or decays of particles that
travel a measurable distance in the detector [78].

For the reconstruction of the primary vertices, a subset of all recon-
structed tracks is used. These tracks are required to have a minimum trans-
versemomentum of 400MeV, a sufficient number of hits in the Inner Detec-
tor, and to fulfill minimum transverse and longitudinal impact-parameter
requirements [79]. The transverse impact parameter, d0, is the transverse
distance of the track’s closest approach to the beam line, and the longitudi-
nal impact parameter is the z position at the track’s closest approach [51].

An iterative fitting algorithm estimates the best vertex position for
the tracks. Not all tracks belong to a single vertex. Thus, the algorithm
chooses a subset of tracks for one primary vertex and applies the same
fitting procedure to the remaining tracks until no tracks are left.

Of all reconstructed primary vertices from one pp collision, approxi-
mately one belongs to the hard-scatter physics process. This vertex has the
highest sum of squared transverse momenta of the contributing tracks [79,
80]. In the following, this vertex is called the primary vertex, and all other
primary vertices are called pileup vertices. Pileup refers to all pp interactions
other than the hard-scatter in the same or neighboring bunch crossings [81].

3.3.4 Electron and photon reconstruction

Electron and photon candidates start by dynamically and topologically
clustering EM calorimeter cells into EM topological clusters. Afterwards,
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the track candidates reconstructed in the Inner Detector are matched to
the topological clusters [73].

An electron candidate is reconstructed if a trackmatches the topological
cluster; a primary track with hits in the innermost two layers is chosen. To
reduce the background contribution from non-prompt electrons that are
reconstructed as electron candidates, further identification and isolation
requirements are imposed.

Regarding the candidate identification, three working points (WPs)
with fixed efficiencies for a prompt electron to pass each WP are defined—
loose (93%), medium (88%), and tight (80%). Lateral and longitudinal shower-
development variables, as well as track-quality criteria, are used to create
signal- and background-likelihood distributions. Different thresholds of
the likelihood discriminant define the WPs.

For calorimeter isolation, the energy of all clusters whose barycenter
lies within a fixed radius around the EM topological cluster is selected
and summed. The energy of the particle candidate is subtracted, as well as
leakage and pileup correction. Track isolation is sum of the momenta of
good-quality tracks with pT Ø 1GeV in a cone around the primary track.
Photon conversions and bremsstrahlung are not included. For particle
isolation, different WPs are defined with thresholds on calorimeter and
tracking isolation [73, 82–84].

Photon candidates are classified into two categories: if a reconstructed
conversion vertex is matched to an EM topological cluster, the photon is
classified as converted; otherwise, it is classified as unconverted. Similar to
electron candidates, identification and isolation requirements are imposed
on photon candidates.

The loose identification WP of photons is defined through one-dimen-
sional selection criteria on shower shape variables and calorimeter energy.
The tight identification WP is optimized differently for converted and un-
converted photons using amultivariate analysis. The definition of calorime-
ter isolation for photons is the same as for electrons. For track isolation,
the momenta of tracks matching a cone around the EM topological cluster
direction are summed [73, 82–85].
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3.3.5 Muon reconstruction

Muons are minimum-ionizing particles that leave a signature in all detec-
tors. The reconstruction ofmuons primarily combines tracking information
from theMS and the Inner Detector. Additional information from calorime-
ters and the second-coordinatemeasurement of theMS triggering chambers
is used as well [74].

For MS tracks, hits in the MDT or CSC are grouped into segments ac-
cording to the Hough transform [86]. These segments are fitted together
with the second-coordinate measurements of the RPC/TGC to form track
candidates [87]. There are five different types of muon candidates, depend-
ing on what information is used and how it is combined. Muon candidates
used in analyses are mainly combined muons, where MS track candidates
are combined with Inner Detector track candidates and energy losses in
calorimeters by applying a combined track fit. Extrapolated Inner Detector
tracks that are then combined with MS hits and calorimeter information to
recover MS inefficiencies are called inside-out combined. The other muon
types (MS extrapolated, segment-tagged, and calorimeter-tagged) use in-
formation from only one or two subsystems and are lower-quality muon
candidates [74].

To increase the selection efficiency and purity of muon candidates,
further identification and isolation requirements can be imposed. Five
identificationWPs are defined: while most analyses use the tight, medium,
and loose WPs, which are subsets of each other, a high-pT and a low-pT WP
exist for targeting extreme phase spaces. The tighter the WP, the higher-
quality muon candidates are selected; consequently, more track hits are
required, stricter track-fit criteria are imposed, and the compatibility among
the Inner Detector, calorimeters, and MS information improves.

Muon isolation WPs are constructed similarly to electron and photon
WPs: in a cone around the muon candidate, track-based and calorimeter-
based isolation are defined as the sum of transverse-momentum tracks or
the sum of EM topological clusters, respectively. The isolation WPs use
different thresholds for isolation;mostWPs combine track- and calorimeter-
based isolation information to improve performance [74, 87, 88].
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3.4 Simulation of proton-proton collisions

To understand and analyze the reconstructed data from the ATLAS detec-
tor, theoretical predictions and their simulations are needed. However, the
exact modeling of the multidimensional distributions with limited theoret-
ical understanding and computationally heavy integrations is, by today’s
standards, an impossible task to perform. The use of Monte Carlo (MC)
sampling techniques, to select variables from probability density func-
tions, and the factorization into different steps, results in event generators
describing the physical processes and their experimental characteristics
sufficiently [89].

We will give an overview of the different components and limitations
of a general-purpose event generator in the next section, followed by a short
description of the detector simulation and event-weighting.

3.4.1 Event simulation

The event generators simulate the physics process of interest with corre-
sponding parameters (e. g., COM, beam). Starting with the inclusive cross-
section calculation of the hard interaction (e. g., ‡ppæX), most event gen-
erators factorize the integration into the matrix element at fixed order in
perturbation theory, and the parton distribution functions (PDFs) of the
incoming particles.

The order in perturbation theory refers to the order of the strong cou-
pling constant, –s, present in the matrix-element calculation. While LO
refers to the tree-level calculation, next-to-leading order (NLO) or next-to-
next-to-leading order (NNLO) include an increasingly larger amount of
(loop) corrections [90].

At LO, the PDFs of the incoming particles represent the probability to
find a parton—quark or gluon—in the hadron (e. g., proton) depending
on the momentum fraction x of the hadron carried by the parton [91]. The
integration over the PDFs of the incoming particles determines the rate of
the physics process. Since the PDFs cannot be determined accurately from
the current theoretical understanding of QCD and the available computing
power, a global fit to all deep-inelastic and hard-scattering data at different
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energy scales is performed [92, 93].
After the inclusive cross-section calculation, the event generators simu-

late (QCD) bremsstrahlung from the initial- and final-state particles, called
initial-state radiation (ISR) and FSR, respectively. While ISR results in
parton radiation in the direction of the incoming particles, FSR can hap-
pen from any particle after the hard interaction and is also responsible for
the broad jet structure. These radiation processes are referred to as parton
shower. Through the iterative branching of one particle into two particles
under flavor and four-momentum conservation, the parton shower pro-
duces approximate higher-order real-emission corrections to the inclusive
cross-section [89, 90, 94].

So far, only radiation from the hard interaction has been considered.
However, more than one parton-parton interaction can take place during a
hadron-hadron collision. These interactions can occur either through the
color charges of partons within the hadron, or via additional parton-parton
interactions resulting from the hadron-hadron collision, and are referred to
as the underlying event [95]. These semi-hard parton-parton interactions
are described by independentmodels, such as those developed by Sjöstrand
and van Zijl [96].

Due to color confinement, all partons from the hard interaction, the
parton shower, and the underlying event must hadronize into observable,
color-neutral bound states. This transition is implemented throughmodels
such as the Lund string model [97, 98] or the cluster model [99–101]. While
both models form color-connected singlets and decay non-perturbatively,
the Lund string model is based on string fragmentation, treating the color
singlets as connected strings that fragment into hadrons. The clustermodel,
on the other hand, is based on pre-confinement, treating the color singlets
as massive clusters that decay into hadrons [90, 102].

3.4.2 Detector simulation

Through the combination of the previously described steps, event genera-
tors simulate particle interactions at the so-called particle level, independent
of the detector. To use the output of the event generators for detector correc-
tions, performance optimizations, analysis optimizations, and comparisons
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3.4 Simulation of proton-proton collisions

to data, a simulation of the modeled particles as they pass through the de-
tector is necessary [89].

In the case of the ATLAS experiment, the detector simulation is per-
formed using GEANT4 [103], a toolkit for simulating particle interactions
with matter. The detector simulation involves the geometry of the system,
material densities and distributions, as well as detector components and
their response to particle interactions.

By combining event generation with detector simulation, the simula-
tion of particle collisions and their corresponding detector responses is ob-
tained. For the ATLAS experiment, the full event simulation produces out-
put in a hit format identical to that of the detector output format. The out-
put of both—data and simulated events—are digitized. Simulated events
are then overlaid with additional pp interactions (pileup), and noise is
added to create a more realistic setting.

Energy, trajectories, and transverse momenta are reconstructed using
the same algorithms for both event types. After completing the full simula-
tion chain, the data and simulated events can be compared for calibration
or analysis purposes at the so-called reconstruction level [104].

3.4.3 Weights and scaling

An advantage of simulations is the possibility of increasing the number
of simulated events arbitrarily; however, computational resources are nor-
mally the limiting factor and trade-off against unlimited statistical pre-
cision. In order to save computing resources while maintaining a high
statistical precision, event weights have been introduced. The weights
reflect the relative probability of the event. Since we want to compare sim-
ulation to data, we are interested in the number of selected events, Nsim,
for a given integrated luminosity. Thus, the selected events with weights,
wsel, need to be scaled according to:

wsel ∆ wsel
‡simLq

i
wi

, (3.5)

with the simulated cross-section ‡sim, the integrated luminosity L, and the
sum of all simulated weights

q
i
wi for normalization.
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Chapter 3 Experimental setup

The simulated events in the MC event generator samples are addition-
ally reweighted to minimize differences between simulation and measure-
ment. For all simulated efficiencies (e. g., reconstruction, identification,
isolation, and trigger), correction factors—also called scale factors—with
their uncertainties are determined [73]. These scale factors are used to cor-
rect each event weight.
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Chapter 4

The ZZ“ analysis

The analysis to determine the ZZ“ production cross-section will be pre-
sented in this thesis. Due to the low cross-section of this triple-gauge-boson
production process, which results in a low number of produced events, the
measurement of the ZZ“ production has not been achieved earlier. In re-
cent years, an unprecedented integrated luminosity has been delivered by
the LHC, addressing the low event rate. The analysis uses the full Run 2
dataset taken by the ATLAS detector at the LHC between 2015 and 2018,
corresponding to an integrated luminosity of 140 fb≠1, and recorded at a
COM energy of

Ô
s = 13TeV. While this Run 2 dataset contains billions of

events, only a very few are expected to originate from the ZZ“ production.
TheZZ“ analysis, with its optimized event selection and precise estimation
of the background, yields the first evidence of the ZZ“ production.

In the following, the overall analysis strategy for the measurement of
ZZ“ production will be described. Subsequently, the event selection, with
its characteristic criteria, will be presented in Section 4.2, and the expected
signal contribution with its uncertainties will be outlined in Section 4.3.

4.1 Analysis strategy

The analysis of the measurement of ZZ“ production must fulfill three
main requirements: efficiently selecting the signal contribution, suppress-
ing background, and estimating the remaining background with high pre-
cision to achieve in a sufficiently large signal significance. The analysis
is performed blinded to prevent bias. This means that data fulfilling the
signal selection are not used for any selection optimization or background
estimation.
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Chapter 4 The ZZ“ analysis

This analysis focuses on the leptonic decays of both Z bosons into elec-
trons ormuons. The hadronic decay channels cannot be distinguished from
large background contributions. The Z-boson decays into tau leptons are
not explicitly considered. The tau leptons decay within the ATLAS detector
and their reconstruction is not precise enough. While they mainly decay
hadronically—not feasible due to the large background contribution—,
their leptonic decay contains missing transverse momentum due to the
neutrinos, resulting in a poor reconstruction of the invariant Z-boson
mass. However, tau leptons decaying to electrons or muons and passing the
selection criteria are considered signal. While this choice reduces the cross-
section (‡ZZ“(p“T > 15GeV) ≥ 30 fb) by a factor of 200, it results in a very
clean final state: two pairs of OSSF leptons and one photon, ¸+¸≠¸Õ+¸Õ≠“
(4¸“) with ¸, ¸

Õ = e or µ.
The production of the fully leptonic ZZ“ final state is predominantly

produced via Feynman diagrams such as those shown in Fig. 4.1a. The three
gauge bosons are all produced through an incoming quark-antiquark pair.
We refer to these processes as direct production.

The same final state can be produced through Higgs radiation from a
Z boson, referred to as Higgs contribution. A typical production diagram
of this process is given in Fig. 4.1b. The cross-section of the radiation of
a Higgs boson off a Z boson is relatively large (‡ ≥ 0.9pb [105]) but the
branching ratio of the Higgs boson into a Z boson and a photon is loop-
suppressed, and thus very low (BRHæZ“ ≥ 10≠3 [106]), resulting in an
overall small but not negligible contribution to the 4¸“ final state. The
Higgs contribution contains ZZ“ production and is considered part of the
signal.

Another process results in the same 4¸“ final state: ZZ production
with a photon being radiated off one of the final leptons, see Fig. 4.1c.
Events from this production are called final-state radiation events. Due to
the significantly larger cross-section of ZZ production (‡ ≥ 17pb [35])
relative to the expected ZZ“ production, even with a tight ZZ“ event
selection, more than two out of three events are FSR events. While the final
state of the FSR events is indistinguishable from the final state of the signal
process, other event characteristics and properties provide discriminating
power, such as the isolation of the radiated photon or the invariant mass of
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Figure 4.1: Typical Feynman diagrams that produce an ¸
+
¸
≠
¸
Õ+
¸
Õ≠
“ final

state. The dominant production of the ZZ“ final state can be represented
by Feynman diagrams of the type presented in (a). A non-negligible signal
contribution comes from processes with Higgs strahlung, represented by
Feynman diagrams such as (b). Since the Higgs boson does not directly
decay into a Z boson and a photon, the decay is represented by an effective
coupling in the Feynman diagram. Final-state photon radiation off a lepton
from ZZ production results in the same final-state particles; see (c). The
FSR contribution is suppressed in the signal selection.

the OSSF pair with the FSR photon. It is crucial to suppress FSR events in
the signal selection to ensure that only ZZ“ production events are selected.

For the measurement of ZZ“ production, each event must pass a set
of selection criteria to be analyzed further. A signal region (SR) is defined
where the signal-to-background ratio is maximized. In this selection, the
final-state particles are required to satisfyminimumtransverse-momentum,
isolation, and identification criteria. Additionally, event characteristics
of the signal and background processes are used to optimize the signal
selection. A description of the selection will be given in Section 4.2.

Given the event selection, the signal contribution—including its kine-
matic distributions and characteristics—must be fully understood. For this,
MC event simulations of the processes shown in Fig. 4.1 are studied. The
simulations are also used to estimate the theoretical and experimental un-
certainties on the signal. A summary of these studies will be presented
in Section 4.3.

Although the event selection is optimized to reject asmuch background
as possible, a remaining fraction of around 12% is still present. For the study
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Chapter 4 The ZZ“ analysis

of theZZ“ signal sensitivity, it is crucial to understand thedifferent sources
of background and estimate their contributions with the highest possible
accuracy. Various MC simulations and the analysis of data in regions or-
thogonal to the blinded SR, referred to as control regions (CRs), are used
for background estimation. Three different background sources with non-
negligible contributions have been identified: non-prompt photon events
from e. g.,ZZ events (9%), events withmisidentified or non-prompt leptons,
e. g., fromWZ“ or tt̄“ events, (2%), and pileup (1%).

The non-prompt photon contribution is estimated using a ratio method
due to the limited statistics in the phase space close to the signal selection.
Data-driven approaches are used to estimate the number of non-prompt
photon events in a Z“ CR, which are extrapolated into the SR.

A data-driven matrix method, applied in a ZZ CR without any photon
requirements (to avoid limited statistics), is used to derive themisidentified
and non-prompt lepton background.

Pileup is a combinatorial background arising from the simultaneous
production of a ZZ event and a single photon event in the same bunch
crossing. The background is estimated by overlayingMC event simulations.

The study and estimation of the different contributions, including their
uncertainties, will be outlined in Chapter 5.

After the full study of signal and background events, the data are un-
blinded. The signal extraction results in the measurement of the fiducial
cross-section and is compared to the SM expectation. The results and their
interpretation will be detailed in Chapter 6.

4.2 Event selection

This analysis applies a classical event selection with predefined thresholds
and selection criteria to select the ZZ“ events in the Run 2 dataset. The
set of conditions can be separated into a baseline selection, which will be
fulfilled by all events in every region (SR and CRs), and a tighter signal
selection, defining the SR.
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4.2 Event selection

4.2.1 Baseline selection

The baseline selection imposes minimum event-selection criteria and loose
object-selection requirements on electrons, muons, photons, and jets. The
first requirement of each event is to be on the Good Run List. All events on
the list are recorded during normal detector operating conditions and pass
the data quality requirements as described in Ref. [107].

Each selected event must have a reconstructed primary vertex, and one
of the considered triggers must have fired. These two selection criteria
ensure that the event has a hard interaction and contains at least one of
the final-state particles with sufficient transverse momentum. The ZZ“

analysis uses unprescaled single- and dilepton triggers with the lowest
transverse-momentum thresholds; a detailed list is given in Appendix A.1.

Unprescaled (prescale factor= 1) means that every event that fulfills
the trigger requirements is selected. Prescaled triggers with a prescale factor
of n only select every n

th event passing its conditions. If lower thresholds
are needed, triggers can be prescaled to reduce the rate.

With a photon and leptons in the final state, single-photon triggers as
well as lepton triggers are of interest. The unprescaled single-lepton trigger
with the lowest transverse-momentum threshold in 2016–2018 requires a
lepton with a transverse momentum of p¸T > 26GeV [108, 109]. The lepton
with the highest transverse momentum, referred to as the leading lepton,
has a transverse-momentum distribution peaking around p

¸

T ≥ 60GeV,
well above the trigger threshold.

Since this trigger has additional requirements on identification and iso-
lation, single-lepton triggers with higher transverse-momentum thresholds
and looser identification and isolation requirements, as well as dilepton
triggers with even lower transverse-momentum thresholds, are considered
as well. The combination of these triggers, with a logicalOR, results in a
fully efficient selection and the least biased dataset. Thus, there is no need
to include any single-photon or prescaled triggers.

To reduce the introduced bias as much as possible, all events from
MC simulations are required to have been triggered by one of the above-
mentioned triggers. The trigger requirements and inefficiencies are imple-
mented in the detector simulation. Additional scale factors are derived by
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Chapter 4 The ZZ“ analysis

reweighting the simulations to match data, resulting in good agreement.
Next, we consider the selection criteria for the particle candidates of

the 4¸“ final state. Lepton candidates—electrons and muons—must have
a minimum transverse momentum of p¸T > 10GeV. The reconstruction
algorithms become inefficient for leptons with lower transverse momenta.

Electron candidates must pass the loose identification WP [73] (see Ap-
pendix A.2.1) and their absolute pseudorapidity must satisfy |÷| < 2.47.
This pseudorapidity limit comes from the limited coverage of the precision
tracking of the Inner Detector, which provides discrimination between
electron and photon candidates. Electron candidates with pseudorapidities
within the transition region—the gap between the barrel and end-cap EM
calorimeters (1.37 < |÷| < 1.52)—are excluded due to dead material and
reduced instrumentation in this region.

Additionally, requirements on transverse and longitudinal impact pa-
rameters increase the probability that the electron track originates from the
primary vertex. Thus, a transverse-impact-parameter significance, |d0|/‡d0 ,
of less than 5 is required, and the longitudinal impact parameter, z0, must
satisfy |z0 sin(◊)| < 0.5mm [80, 110].

Muon candidates must have an absolute pseudorapidity less than |÷| <
2.5, pass the medium identification WP [87] (see Appendix A.2.1), have a
d0 significance of less than 10, and also satisfy |z0 sin(◊)| < 0.5mm [74].

Photon candidates are required to have a transverse momentum of
p
“

T > 15GeV, a loose identification WP [73] (see Appendix A.2.1), and a
pseudorapidity of |÷| < 2.37, excluding the transition region. The pseu-
dorapidity coverage is smaller than that for electrons due to the higher
granularity requirements on the calorimeters needed to suppress photons
originating from neutral-pion decays, fi0 æ ““ [85].

Jets are considered in CRs. Using particle-flow objects [111], jet can-
didates must pass a minimum transverse-momentum threshold of pT >

20GeV and have an absolute rapidity of |y| < 4.4.
The reconstruction algorithms for different physics objects (e. g., elec-

trons, muons, jets) are independent of each other. Thus, multiple physics
objects can be reconstructed from the same hits or clusters. To prevent
double-counting, objects that are too close to each other in�R space are
removed. This step is referred to as overlap removal. Only candidates that

36



4.2 Event selection

pass the previously mentioned requirements are considered in the overlap
removal. For each event, physics objects are removed in the following order:

1. remove jets overlapping with photons within�R < 0.4

2. remove jets overlapping with electrons within�R < 0.2

3. remove photons overlapping with electrons within�R < 0.4

4. remove photons overlapping with muons within�R < 0.4

5. remove electrons overlapping with muons within�R < 0.2

This order prefers lepton and photon candidates over jet candidates, lepton
candidates over photon candidates, and muon candidates over electron
candidates. It reflects the interest in the final-state particles and favors
physics objects with more reliable reconstruction algorithms.

The physics objects that survive the overlap removal are used for the se-
lection requirements of the SR and CRs. There are no explicit requirements
on the presence or absence of additional physics objects. In the following,
we will describe the selection criteria of the SR in detail. The CRs will be
defined when needed, and the differences relative to the SR will be high-
lighted. An overview of the baseline selection is presented in Table A.6.

4.2.2 Signal selection

The events in the SR of the ZZ“ analysis must contain at least four leptons
and one photon—the final-state particles. Since the four leptons originate
from Z-boson decays, two pairs of OSSF lepton pairs are required. In cases
where there are more than two potential pairs or an inherent pairing ambi-
guity (e. g., four electrons or four muons), the two pairs whose dilepton in-
variant mass,m¸¸,1 andm¸¸,2, closest to theZ-bosonmass,mZ = 91.1876±
0.0021GeV [112], are selected, minimizing (|m¸¸,1 ≠mZ | + |m¸¸,2 ≠mZ |).
To remove low-mass resonances (i. e. J/Â) and optimize the signal-to-
background ratio (see Appendix B.1), a minimum dilepton invariant mass
requirement ofm¸¸ > 40GeV is applied afterwards.

The four selected leptons are ordered by transverse momentum. The
leading and sub-leading lepton must have transverse momenta exceeding
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p
¸

T > 30GeV and p
¸

T > 25GeV, respectively. Due to the Z-boson mass
of around mZ ≥ 90GeV, the leptons are expected to carry a substantial
amount ofmomentum. In aZ-boson decay at rest, both leptons should have
a momentum of around p

¸ ≥ 45GeV. However, in the experimental setting
of the ATLAS detector at the LHC, aZ-boson decay at rest is not guaranteed,
and through radiation ormeasurement uncertainties, a broadermomentum
distribution is observed. Depending on the decay, a considerable portion
of the momenta is in the transverse plane. The transverse-momentum
thresholds ensure fully efficient triggering.

If one of the selected leptons is an electron, the medium identification
WP and loose isolation WP [73] (see Appendix A.2) are imposed. This re-
duces the number of misidentified electrons and increases the purity of the
selected electrons.

If one of the selected leptons is a muon, the PflowLoose isolation WP
(see Appendix A.2.2) and a d0 significance below |d0|/‡d0 < 3 [74] must be
satisfied. This ensures that muons originate from the hard interaction and
not from heavy-flavor decays.

The photon candidate with the highest transverse momentum is se-
lected. For an improved signal significance, a transverse momentum of
p
“

T > 20GeV is required (see Appendix B.1). To reduce the background con-
tribution from non-prompt photons coming from hadron decays, the pho-
ton must pass the tight identification WP and the loose isolation WP [85]
(see Appendix A.2).

4.2.3 Final state radiation rejection

So far, the signal selection has targeted prompt leptons coming from a ZZ

decay. The requirements on the selected photon suppress the contribution
from non-prompt photons within jets but barely affect FSR photons. Be-
cause we want to suppress FSR events, we remove them from the signal
selection with a dedicated rejection criterion:

(m¸¸“ +m¸¸) > 2 ·mZ . (4.1)

The requirement that the three-body invariant mass of two leptons and
the photon,m¸¸“ , plus the two-body invariant mass of the same two lep-
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tons,m¸¸, must be larger than twice the Z-boson mass,mZ , results in the
rejection of FSR events.

In case of an FSR photon radiating off one of the leptons from the Z-
boson decay, this decay is no longer a two-body decay, but a three-body
decay. Due to the missing energy of the radiated photon, the dilepton
invariant mass is expected to be below the Z-boson mass. However, the
three-body invariant mass of the two leptons and the photon should reflect
the Z-boson invariant mass. This property provides discriminating power
needed to reject FSR events in the signal selection.

In Fig. 4.2, the 2D distributions of the three-body invariant mass of
two leptons plus photon,m¸¸“ , versus the dilepton invariant mass of the
same two leptons, m¸¸, are presented. From the main signal sample—an
inclusive production of the 4¸“ final state with FSR and signal events but
without the Higgs contribution—all events passing the above-mentioned
selection criteria, not including the FSR rejection criterion, are shown in
the upper two distributions of Fig. 4.2. The number of events is scaled to
the full Run 2 integrated luminosity of 140 fb≠1.

Both upper distributions have accumulations of events in two regions:
a vertical band around 90GeV on the x-axis, and a horizontal band around
90GeV on the y-axis. The vertical band shows an accumulation of FSR
events. As expected, the three-body invariant mass of the two leptons plus
photon is centered around 90GeV, the invariant mass of the Z boson. The
dilepton invariant mass of these events shows a broad distribution around
65GeV, roughly the difference between the minimum transverse momen-
tum of the photon and the Z-boson mass.

The horizontal band shows the accumulation of events without photon
radiation fromoneof the leptons from theZ-bosondecay.Here, the dilepton
invariant mass is centered around 90GeV, and the three-body invariant
mass is mainly distributed between 120GeV and 160GeV.

A striking feature of the two figures is the larger contribution of FSR
events in the distribution of the sub-leading Z boson. Due to the radiation
of a photon, the reconstructed energy and momentum of the Z boson
through its decay leptons is underestimated and results in lower values.

Since the FSR events can clearly be distinguished in the distributions
shown in Fig. 4.2, the three-body invariant mass and two-body invariant
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(b) sub-leading Z boson

40 60 80 100 120 140 160 180 200
 [GeV]lly m

40

60

80

100

120

140

160

180

200

 [G
eV

]
ll

 m

0.01

0.02

0.03

0.04

0.05

0.06

0.07

0.08 2
Ev

en
ts

/6
.2

5 
G

eV MC Simulationγ4l
-1= 13 TeV, 140 fbs

(c) leading Z boson
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(d) sub-leading Z boson

Figure 4.2: The 2D distributions of the three-body invariant mass of two
leptons plus photon,m¸¸“ , versus the dilepton invariant mass of the same
two leptons,m¸¸, for the pp æ 4¸“ signal MC simulation sample. Top:
The distributions of the leptons from the leading and sub-leading Z boson
before the FSR rejection are shown in (a) and (b), respectively. The FSR
events are accumulated in the band around the Z-boson mass on the x-axis,
while decays without photon radiation are centered in the band around
the Z-boson mass on the y-axis. Bottom: The same two distributions for
the leading and sub-leading Z boson are shown after the FSR rejection
in (c) and (d), respectively. The diagonal line visualizes the FSR rejection
criterion, (m¸¸“ +m¸¸) > 2 ·mZ .
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4.2 Event selection

mass are used to apply the rejection criterion on the FSR events, (m¸¸“ +
m¸¸) > 2 ·mZ . The requirement results in a rejection of all events in the
lower-left region. The lower two distributions in Fig. 4.2 show the 2D dis-
tribution of all events passing the FSR rejection.

The rejection criterion is applied to the leptons of the leading and sub-
leading Z boson separately to account for FSR of all selected leptons. This
means that events in the horizontal band in one distribution (e. g., leading
Z boson)might have an FSR photon in the decay of the otherZ boson, thus
lying in the vertical band of that distribution (e. g., sub-leading Z boson)
and are rejected by the requirement in Eq. (4.1). This results in a significant
reduction of events, approximately 2

3 of the events.

4.2.4 Pairing

While the FSR rejection criterion efficiently rejects correctly paired FSR
events, the minimization algorithm selecting the two OSSF lepton pairs
might fail in the case of an FSR event due to the momentum carried by
the photon. After selecting the two best lepton pairs (m¸¸,1,m¸¸,2) with the
minimization algorithm, an additional algorithm corrects the pairing if
a different lepton combination (mÕ

¸¸,i
,m

Õ
¸¸,j

) with an FSR photon is more
suitable, minimizing:

min (|mÕ
¸¸,i

≠mZ |+ |mÕ
¸¸“,j

≠mZ |, |m¸¸,1 ≠mZ |+ |m¸¸,2 ≠mZ |), (4.2)

where i, j represent all exclusive potential OSSF lepton pairs in the event.
This minimization process selects a different lepton combination if the
differences to the Z-boson mass of the dilepton invariant mass of the one
pair,mÕ

¸¸,i
, and the three-body invariant mass of the photon and the leptons

from another pair,mÕ
¸¸“,j

, are smaller than the differences to the Z-boson
mass of the previously chosen pairs (m¸¸,1,m¸¸,2). All events for which the
pairing is changed through this minimization process are FSR events and
are subsequently rejected by the FSR rejection criterion. The effect of this
improved algorithm is studied in more detail in the following.

After applying the full signal selection, including the FSR rejection but
without the improvedminimization algorithm,we can cross-checkwhether
we paired the leptons correctly in events with four electrons or four muons
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Chapter 4 The ZZ“ analysis

in the final state. These events have an inherent pairing ambiguity, and we
can invert the pairing:

Z1 : ¸+1 ¸≠2 , Z2 : ¸+3 ¸≠4
invert≠≠≠≠æ
pairing

Z
Õ
1 : ¸+1 ¸≠4 , Z Õ

2 : ¸+3 ¸≠2 (4.3)

If all events have been paired correctly, invariant mass distributions of
the inverted pairs should be relatively homogeneous and have no distinct
features. However, when we consider the same 2D distributions as for the
FSR rejection with inverted pairing, see Fig. 4.3, structures are evident.

Focusing on Fig. 4.3a, we can see an accumulation of events around the
Z-boson mass on the y-axis. This indicates that the inverted pairing ap-
pears correct since the dilepton invariant mass is very close to the Z-boson
mass. The goal of the minimization algorithm is to select this combination,
so why did it fail? In Fig. 4.3b, an accumulation of events with an FSR
photon from the sub-leading Z-boson decay is visible. Combining these
two observations, the algorithm seems to fail in the case of an FSR event.

This can be explained by the transverse momentum and energy car-
ried by the photon, which are missing from reconstructed invariant mass.
In certain events, the invariant mass contribution of the photon is large
enough to result in a significant difference of the dilepton invariant mass
from the Z-boson mass. In such a case, a different lepton pairing might
result in a smaller difference to the Z-boson mass.

We can now study the effect of the improved algorithm on the inverted
lepton pairs for the 4e and 4µ events. The lower two distributions in Fig. 4.3
show the 2D distributions for the inverted pairs after applying the im-
proved selection algorithm. No structure or accumulation of events is ob-
served. The relatively homogeneous distribution of events indicates that
the refined algorithm selects the correct decay products even when photon
radiation occurs off one of the leptons.

The improved selection algorithm is always applied whenever there is
at least one Z boson and a photon in the selection region. A summary of
the selection criteria applied to all events in the SR is given in Table 4.1.
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(b) sub-leading Z boson
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(c) leading Z boson
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(d) sub-leading Z boson

Figure 4.3: The 2D distributions of the three-body invariant mass of two
leptons plus photon,m¸¸“ , versus the dilepton invariant mass of the same
two leptons,m¸¸, for 4e or 4µ events of the pp æ 4¸“ signal MC simula-
tion sample. The pairing of the minimization algorithm is inverted. Top:
The inverted lepton pair of the leading and sub-leading Z boson after the
full event selection, including the FSR rejection, is shown in (a) and (b),
respectively. Bottom: The same 2D distributions are shown after the imple-
mentation of the refined algorithm for the leading and sub-leading Z boson
in (c) and (d), respectively. The diagonal line visualizes the FSR rejection
criterion, (m¸¸“ +m¸¸) > 2 ·mZ .
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Chapter 4 The ZZ“ analysis

Table 4.1:Overview of the event selection in the SR.

Electrons Muons Photon

Kinematics pT > 30, 25, 10, 10GeV pT > 20GeV
|÷| < 2.47 |÷| < 2.5 |÷| < 2.37

excluded 1.37 < |÷| < 1.52 1.37 < |÷| < 1.52

Isolation Loose PflowLoose Loose
�R(µ, e) > 0.2 �R(¸, “) > 0.4

Identification Medium Medium Tight
d0 significance < 5 < 3

Multiplicity Ø 2OSSF pairs Ø 1 photon
Invariant mass min(|m¸¸,1 ≠mZ |+ |m¸¸,2 ≠mZ |)ú,

m¸¸ > 40GeV, (m¸¸“ +m¸¸) > 2 ·mZ

Trigger Single and dilepton trigger
úimproved pairing algorithm

4.2.5 Fiducial region

Similar to the SR, a fiducial region (FR) at particle level is defined. In this
region, independent of detector effects, the cross-section measurement
is performed. The fiducial selection is as similar as possible to the signal
selection at the reconstruction level to reduce model dependence, but does
not need to account for special detector requirements.

For the selection of the FR at particle level, only photons and leptons
that do not originate from hadron decays within jets are considered.

To correct for lepton energy losses due to radiation, the energy of all
photons within�R < 0.1 of the lepton is summed and added to the lepton.
All photons within �R < 0.4 of a lepton are discarded. A harmonized
pseudorapidity requirement of |÷| < 2.5 is applied to both electrons and
muons. The transition region is not excluded. The four signal leptons are
selected using the same refined pairing algorithm as in the definition of
the SR, a minimum dilepton invariant mass of 40GeV is required, and
the transverse-momentum requirements of the SR must be satisfied. No
isolation or identification requirements are imposed on the leptons.
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4.3 Signal expectation

Table 4.2:Overview of the fiducial selection.

Electrons Muons Photon

Kinematics pT > 30, 25, 10, 10GeV pT > 20GeV
|÷| < 2.5 |÷| < 2.5 |÷| < 2.37

Isolation E
cone20
T

/E
“

T
< 0.07

�R(¸, “) > 0.4

Multiplicity Ø 2OSSF pairs Ø 1 photon
Invariant mass min(|m¸¸,1 ≠mZ |+ |m¸¸,2 ≠mZ |)ú,

m¸¸ > 40GeV, (m¸¸“ +m¸¸) > 2 ·mZ

úimproved pairing algorithm

Thehighest-energy photon is selected andmust pass the pseudorapidity
condition |÷| < 2.37 and be isolated. Since all isolation WPs depend on
detector parameters, the photon isolation at the particle level is defined
through the isolation cone sum. This sum is the transverse-momentum sum
of all stable particles (traveling more than approximately 10mm before
decaying), except neutrinos and muons, within a cone of radius �R =
0.2 around the photon. This isolation cone sum must be less than 7% of
the photon’s own transverse momentum for the photon to be considered
isolated. The relative fraction of transverse momentum in the cone was
optimized in the ATLAS Z“ analysis [113].

The FSR rejection is also applied to events at particle level. An overview
of all selection criteria applied to electrons, muons, and photons in the FR
is presented in Table 4.2.

4.3 Signal expectation

The signal contribution consists of thedirectZZ“ production and theHiggs
contribution. Both production channels can be modeled using MC event
generators, which are used as a basis for studying kinematic distributions,
event characteristics, and the number of expected signal events.

The direct production is simulated using the Sherpa 2.2.11 pp æ
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¸
+
¸
≠
¸
Õ+
¸
Õ≠
“ MC event-generator sample [95], also referred to as the 4¸“

sample. The matrix element with zero jets in the final state is calculated
at NLO and with up to two jets at LO. The NNPDF 3.0 NNLO PDF sets
are used [114]. This calculation is merged with the Sherpa parton shower
algorithm [115] following the CKKW procedure [116]. Since this sample
represents the inclusive production of four leptons and one photon, FSR
events are included.

Due to the higher-order, loop-suppressed Higgs-boson decay to a Z

boson and a photon, the Higgs contribution is not included in the 4¸“
sample. An additional sample simulating this process is generated: the
PowhegPythia8 pp æ ZH æ ZZ“ sample, referred to as the ZH æ
ZZ“ sample. The matrix element is calculated using PowhegBox [117–
119] and includes Higgs radiation off the Z boson and the explicit decay of
the Higgs boson into a Z boson and a photon. The CTEQ6 LO PDF sets
are used [120]. All Z-boson decays are simulated, reducing the statistics of
the simulated events in the ¸+¸≠¸Õ+¸Õ≠“ final state. The parton shower is
simulated using Pythia8 [121]. Due to the small total width of the Higgs
boson [122], the interference contribution between direct production and
the Higgs contribution is assumed to be negligible.

To analyze the signal contribution and its distributions, we require all
events in the aforementioned signal samples to pass the requirements of the
SR. This leads to a signal expectation of 7.04±0.20 events for Run 2. Events
with a Z-boson decay into tau leptons that pass the signal selection are
included in the signal expectation (Z æ ·

+
·
≠ contribution: 0.036± 0.007).

The separation into different signal samples and decay channels of the final
state (4e, 2e2µ and 4µ), as well as their combinations, are shown in Table 4.3.
Total uncertainties are given. Individual uncertainty components and their
contributions to the signal samples will be described in Section 4.3.1.

Furthermore, we can study the distributions of different kinematic
properties, such as the dilepton invariantmass or the transversemomentum
of final-state particles, Fig. 4.4. All distributions represent selected events
from the 4¸“ signal sample in the SR. The same distributions for theZH æ
ZZ“ signal sample are shown in Appendix B.2.

In Fig. 4.4a, the dilepton invariant mass distribution for the leading
and sub-leading Z boson is shown. Differences between distributions are
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(c) photon transverse momentum
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Figure 4.4: Top: The invariant mass distributions of the two leptons from
the leading and sub-leading Z bosons (a) and the dilepton invariant mass
of electron- and muon-pairs (b). Bottom: The kinematic distributions of
the transverse momentum of the photon (c) and the transverse-momentum
distribution of the leading, sub-leading, third-leading and fourth-leading
leptons (d). All distributions show events simulated with the 4¸“ signal
sample that pass the SR selection criteria. Total uncertainties are shown as
shaded bands, and the events are scaled to the Run 2 luminosity.
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Table 4.3: Summary of the signal contributions for the different chan-
nels (4e, 2e2µ, and 4µ) and their combination (4¸). Total uncertainties are
shown.

4e 2e2µ 4µ 4¸

4¸“ 1.13± 0.09 3.04± 0.11 2.11± 0.07 6.28± 0.20
ZH æ ZZ“ 0.12± 0.02 0.38± 0.04 0.26± 0.02 0.76± 0.04

Signal 1.25± 0.09 3.42± 0.12 2.37± 0.07 7.04± 0.20

very minor. The invariant mass distribution of the sub-leading Z boson is
shifted slightly to lower invariant masses, as expected from its definition;
thewidth of the twodistributions is approximately the same. BothZ bosons
are mainly produced on-shell since the distributions show a clear peak
around the Z-boson mass. Additionally, no significant remnants of FSR
events are visible; these would appear as a broad distribution centered
aroundm¸¸ ≥ 60GeV.

The comparison between di-electron and di-muon invariantmass distri-
butions is displayed in Fig. 4.4b. Both distributions agree with the invariant
mass distributions of decay products from an on-shell Z boson. While the
branching ratios for Z-boson decays into electrons and muons are the
same [112], more muon pairs are selected. This preference results from the
differences in reconstruction efficiency and pseudorapidity acceptance.

The transverse-momentum distribution of the photon (Fig. 4.4c) is a
falling distribution. It can be clearly seen that the transverse-momentum
threshold of p“T > 20GeV has a significant impact on the selected number
of signal events. The increase in photons with low transverse momenta is a
direct result of photon production through bremsstrahlung.

The comparison between the transversemomentumof the four selected
signal leptons is shown in Fig. 4.4d. Leptons are ordered by their transverse
momentum and labeled as lepton 1 (leading), lepton 2 (sub-leading), lepton
3, and lepton 4. The mean of the transverse-momentum distribution shifts
to smaller values from lepton 1 to lepton 4; while this directly results from
the ordering of the leptons, one can also observe that the width of the
distributions decrease because the available phase space is reduced.
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4.3 Signal expectation

4.3.1 Signal uncertainties

The total uncertainties stated in Table 4.3 consist of a statistical uncertainty
contribution (stat.), experimental uncertainties arising from the measure-
ment and reconstruction of the final-state particles in the detector (exp.),
and theoretical uncertainties from the limited theory knowledge (theo.).
Split into their different uncertainty contributions, we can write the signal
contributions as follows:

4¸“ : Nsig = 6.28± 0.09 (stat.)± 0.16 (exp.)± 0.09 (theo.)

ZH æ ZZ“ : Nsig = 0.76± 0.03 (stat.)± 0.03 (exp.)± 0.01 (theo.).

Statistical uncertainties

The statistical uncertainty arises from thefinite number of simulated events
in theMC simulation samples. In aweightedMC simulation sample, the sta-
tistical uncertainty of each selected event is

Ò
w2

sel. For a sample of events—
events are independent of each other and thus uncorrelated—the total
statistical uncertainty is the sum of all selected events,

Òq
w2

sel [123, 124].

Experimental uncertainties

The experimental uncertainties account for: uncertainties in calibration
and measurement efficiencies during the reconstruction of the final-state
particles; the uncertainty in the luminosity measurement; and the varia-
tions arising from the pileup reweighting—the overlaying of additional
pp events in simulation. All these systematic uncertainties are centrally
provided by ATLAS. The determination of the luminosity uncertainty is
presented in Ref. [125] and corresponds to 0.83%. The±1‡ variations of all
other experimental uncertainties are propagated through the analysis, and
the difference between the resulting event yield and the nominal value is
taken as the uncertainty. The different sources and their relative contribu-
tion to the signal samples are presented in Table 4.4.

The electron reconstruction, identification, isolation, and trigger effi-
ciency uncertainties are propagated via scale factors. Scale factors represent
the relative difference between the efficiencymeasurements in data andMC
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Chapter 4 The ZZ“ analysis

Table 4.4: Relative values of the different experimental uncertainties for the
two signal samples. In the case of asymmetric uncertainties, the larger one
is used and symmetrized. Uncertainties contributing less than 0.1% are not
listed.

Source Relative uncertainty [%]
4¸“ ZH æ ZZ“

Electron identification efficiency 0.54 0.48
Electron reconstruction efficiency 0.17 0.18
Photon identification efficiency 1.23 1.37
Photon isolation efficiency 1.01 1.02
Electron-photon energy resolution 0.37 0.24
Electron-photon energy scale 0.37 0.21
Muon isolation efficiency 0.56 0.61
Muon reconstruction efficiency 0.49 0.43
Muon momentum resolution 0.29 0.22
Muon momentum scale 0.32 0.29
Pileup reweighting 1.35 3.21
Luminosity 0.83 0.83
Total experimental uncertainty 2.53 3.87

event simulations. Each of the electron efficiencies is determined through
tag-and-probe methods or template fits in data and MC event simulations.
The systematic uncertainties in the efficiencies are estimated, for example,
by varying the selection criteria, changing the template or fit function, or
varying the normalization of different contributions (e. g., signal, back-
ground) [73, 126].

The photon reconstruction, identification, and isolation efficiencies
also have uncertainties, which are propagated through scale factors. The
photon efficiencies are measured separately for converted and unconverted
photons. In the low-pT region, photons are mainly selected from Z æ ¸¸“

decays, and the efficiencies are estimated with a template fit. Alternatively,
the efficiencies are estimated with a matrix method using photons from
an inclusive photon sample, triggered by one of the single-photon trig-
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4.3 Signal expectation

gers, or by extrapolating from the electron efficiency after adjusting the
shower-shape variables. Efficiency uncertainties arise mainly from MC
event generator modeling uncertainties or non-closure uncertainties [82,
85, 127].

Electrons and photons are reconstructed from energy deposits in the
calorimeters, resulting in a combined energy resolution and scale uncer-
tainty. After the energy calibration, their scale and resolution are deter-
mined from the invariant mass of Z æ e

+
e
≠ decays. The uncertainties are

propagated frommaterial and calibration uncertainties, aswell as estimated
via variations of the Z æ e

+
e
≠ event selection [83].

The muon reconstruction, identification, isolation, and trigger efficien-
cies are determined via tag-and-probe and template fit methods in data and
simulation. The systematic uncertainties in the efficiencies arise mainly
from the applied methods (e. g., template shape, background fit, matching
procedure) [74, 109].

The muon momentum resolution and scale are estimated via Z æ
µ
+
µ
≠ and J/� æ µ

+
µ
≠ decays. Muon momentum scale corrections are

needed because of detector misalignment and are derived from a fit to
simulated samples with ideal detector alignment. The dominant uncertain-
ties are determined by varying the event-selection criteria and the fitting
procedure. The resolution is only corrected in simulation by matching it to
data [128].

Theoretical uncertainties

The limited knowledge of PDFs and the strong coupling constant–s, aswell
as themissing higher-order terms in thematrix-element calculation at fixed
order in perturbation theory, lead to the dominant sources of theoretical
uncertainties.

The PDFs used in event generators are determined through a global fit
to data. Various PDF sets from different groups contain variations in their
central values and uncertainties, e. g., Refs. [92, 114, 120, 129, 130]. These
differences can come from the experimental data considered in the fit or
the underlying model assumptions.

The value of –s is also experimentally determined. Due to the running
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coupling,–s depends on themomentumscale. It ismost preciselymeasured
at the Z-boson mass, –s(mZ) = 0.1179 ± 0.0010 [112], and its value at
different energy scales is extrapolated from –s(mZ). Furthermore, –s is one
of the parameters in the PDF fits.

By varying the used PDF sets and the value of –s within its uncertainty
as input to the PDF fit, the difference from the nominal cross-section is
taken as the corresponding theoretical uncertainty. These uncertainties are
treated as uncorrelated and can be added in quadrature [131].

The factorization of the hard interaction cross-section calculation into
long-distance non-perturbative physics described by the PDFs and short-
distance perturbative physics calculated by the matrix-element integration
requires a scale to differentiate between these two regimes. This scale is
called the factorization scale µF [90, 132].

Due to large loop momenta, the matrix-element calculation can result
in divergences. To keep the matrix element finite, a cut-off at a certain
momentum scale needs to be introduced—the renormalization scale µR [3].

Thematrix-element calculation at fixed order in perturbation theory has
missing higher-order corrections. The uncertainties in the matrix-element
calculation depend on these missing higher-order corrections, which are
estimated by variations of the scale parameters µF and µR [133, 134].

The theoretical uncertainties in the PDFs and –s from the PDF set varia-
tions and the uncertainties in the matrix element from the scale variations
are presented in Table 4.5.

Table 4.5: Relative theoretical uncertainty of the two signal samples.

Source Relative uncertainty [%]
4¸“ ZH æ ZZ“

PDF and –s ±1.30 ±1.08
Scale variations +0.63

≠0.10
+1.80
≠0.50

Total theoretical uncertainty +1.45
≠1.30

+2.10
≠1.19
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4.3.2 Correction factor

To translate the cross-section measurement from reconstruction level to
particle level, a so-called correction factor C is needed. The fiducial cross-
section at particle level is defined as

‡
fid
ppæ4¸“ =

Nsig

C · L , (4.4)

with the number of selected signal events Nsig in the SR. The correction
factor C corrects for reconstruction inefficiencies, limited detector reso-
lution, and acceptance differences. The factor is defined as the ratio of
simulated reconstructed signal events in the SR,NSR

MC, to simulated signal
events at particle level passing the FR selection requirements, NFR

MC. The
correction factor is unique to each MC simulation sample but similar for
the same process. The values for the 4¸“ and ZH æ ZZ“ signal samples
are C ¥ 0.35, and they are shown in Table 4.6.

Table 4.6: The number of simulated signal events passing the selection
criteria of the FR at particle level,N FR

MC, the number of simulated signal
events passing the selection criteria of the SR at reconstruction level,N SR

MC,
and the correction factor, C, for the 4¸“ and ZH æ ZZ“ signal samples are
listed. Only the statistical uncertainties are given.

4¸“ sample ZH æ ZZ“ sample Combined

N
FR
MC 17.95± 0.14 2.03± 0.05 19.98± 0.15

N
SR
MC 6.28± 0.09 0.76± 0.03 7.04± 0.09

C [%] 34.99± 0.38 37.44± 1.30 35.24± 0.36
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Background estimation

The definition of the SR has been optimized to minimize the background
contribution. However, a remaining contribution is present and must be
estimated.

The dominant background contribution comes from ZZ events with
additional non-prompt photons. Non-prompt photons are defined as all
photons produced within the parton shower and that do not originate
from the hard interaction, ISR, or FSR. The estimation of this background
contribution is described in detail in Section 5.1.

Another background present in the SR consists of events with one or
more misidentified leptons. Misidentified leptons are primarily jets recon-
structed as leptons, but also non-prompt leptons from hadron decays. The
estimation of events with misidentified leptons is detailed in Section 5.2.

A small combinatorial background arising from ZZ and single-photon
events that originate from two different simultaneous pp interactions is
defined as pileup background and is described in Section 5.3.

Additional background contributions are present, such as pp æ ZH æ
¸¸µµ plus an FSR photon, or combinatorial background fromdouble-parton
scattering. Their contributions have been estimated to be less than 1% of
the signal yield; consequently, they are considered negligible and are not
discussed further.

5.1 Non-prompt photons

Non-prompt—also called fake—photons are mainly produced within jets.
In their hadronization process, neutral mesons such as fi0 are produced.
The fi

0 decays into two photons, which can be very collinear and be de-
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tected as one single high-energy photon. A characteristic difference to
promptly produced photons is the hadronic activity surrounding them.
Thus, isolation requirements on the photon reduce the non-prompt photon
background contribution significantly, but not completely. The remaining
fraction needs to be estimated. Since this background is dominant, a precise
estimation with a small uncertainty is crucial for a high signal significance.

The simulation of the non-prompt photon characteristics andkinematic
distributions is not modeled sufficiently well in MC event generators for a
simulation-based analysis. Data are needed for a reliable estimate.

The direct application of data-driven methods, e. g., template fit, 2D
sideband method, or matrix method [34], is not feasible due to the low-
event-count in CRs close to the SR. Therefore, a different approach, referred
to as the ratio method, is applied. The underlying idea is that the fraction of
jets misidentified as non-prompt photons is generally independent of the
number of Z bosons in the event. With this approximation, the following
relation holds:

N
“fake
ZZ“

N
jet
ZZ

=
N

“fake
Z“

N
jet
Z

. (5.1)

The number of events with a non-prompt photon in the SR is defined as
N

“fake
ZZ“

. WhileN“fake
Z“

is the number of Z“ events with a non-prompt photon,
N

jet
Z

andN
jet
ZZ

are the number of events with at least one jet and one or two
Z bosons, respectively. An exemplary conceptual representation of Eq. (5.1)
is presented in Fig. 5.1.

The relation in Eq. (5.1) contains some implicit assumptions, such as
that the jets in ZZ+jet and Z+jet events have the same characteristics and
thus, the same probability to produce a non-prompt photon. This is studied
in more detail in Section 5.1.2, and appropriate systematic uncertainties are
determined.

The non-prompt-photon and jet kinematic properties might differ. To
minimize their differences, the phase-space requirements on the two ob-
jects have been harmonized as much as possible. Similar to the photon,
we require at least one jet in each ZZ+jet and Z+jet event. With a large
fraction of the jet’s transverse momentum is in a photon-like cluster, the
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Figure 5.1: Conceptual representation of Eq. (5.1). For simplicity, only one set
of diagrams is shown. All antiquarks radiating off a gluon can be exchanged
with a gluon radiating off a quark.

jet must pass the same transverse-momentum requirement as the photon,
pT > 20GeV. Because jets have a broader structure, the pseudorapidity
requirement is relaxed, accepting jets within |÷| < 2.6 and imposing no
rejection of jets in the transition region.

No FSR rejection is applied to the ZZ+jet and Z+jet events. The selec-
tion criteria of single-Z-boson events satisfy the same requirements as the
leading Z boson in ZZ events.

With the ansatz in Eq. (5.1), we define the number of events with non-
prompt photons in the SR as:

N
“fake
ZZ“

= N
“fake
Z“

N
jets
ZZ

N
jets
Z

. (5.2)

Thus, the number of events with a non-prompt photon in the SR is the
product of the number of Z“ events with a non-prompt photon and the
ratio of ZZ and Z events with at least one jet.

In the following, we first derive the number of Z“ events with a non-
prompt photon using results from the ATLASZ“ analysis [113]. Afterwards,

the jet ratio, N
jets
ZZ

N
jets
Z

, is studied in data and with MC event-generator simula-
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tions. The two results are combined to derive the number of events with
non-prompt photons in the SR.

5.1.1 Non-prompt photons in the Z“ control region

The number of Z“ events with a non-prompt photon is estimated in a Z“

CR. This CR requires the same object- and event-selection criteria as the
ZZ“ SR except for all the requirements on the sub-leading Z boson. This
means, e. g., only two leptons (instead of four) are required and a single
OSSF lepton pair is needed. A full overview of all the selection criteria of
the Z“ CR is presented in Table A.7.

The ATLAS Z“ analysis [113] derived the number of events with non-
prompt photons using a 2-D sidebandmethod [135] in data. By relaxing one
or both photon-identification and isolation requirements, three distinct
regions are defined. The number of non-prompt photons that satisfy the
photon requirements in each of these regions is estimated in data. After
subtracting other backgrounds (e. g., tt̄“,WZ, and ZZ), the number of Z“

events with a non-prompt photon in the SR of the Z“ analysis is extrapo-
lated from the regions with different photon identification and isolation
criteria. With the estimation of the non-prompt photon contribution, the
Z“ analysis also derived the purity as function of photon transversemomen-
tum. The purity, P , is defined as the fraction of prompt-photon Z“ events,
N

prompt
Z“

, relative to the total of prompt-photon and non-prompt-photon Z“

events,N fake
Z“

, in the SR of the Z“ analysis,

P =
N

prompt
Z“

N
prompt
Z“

+N
fake
Z“

. (5.3)

This analysis requires the same isolation and identification criteria on
the photon as the Z“ analysis. The leading-Z-boson requirements are also
largely harmonized with the Z“ analysis. However, the measurement of
Z“ production was only performed with a photon-transverse-momentum
threshold of p“T > 30GeV.Thus, the non-prompt photon estimate cannot be
useddirectly. Instead, the purity estimate is used as function of the photon’s
transversemomentum that has been derived for photons with p

“

T > 15GeV,
see Fig. 5.2. Additionally, we benefit from the measured normalization
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Figure 5.2: The purity P in bins of the photon transverse momentum as
derived in the Z“ analysis [113]. The purity is the ratio of prompt-photon
Z“ events and total non-prompt- and prompt-photon Z“ events. The total
uncertainties are shown; values are taken from the internal documentation
of the Z“ analysis [113].

factor on the Sherpa 2.2.4 Z“ MC simulation sample, which normalizes
the prediction to data. The kinematic distributions were found to be well-
described by the Z“ sample, provided a normalization factor of 1.23.

Purity method

The purity in Eq. (5.3) is derived for the SR of the Z“ analysis. Since the
Z“ CR imposes the same requirements on the photon as the SR in the Z“

analysis, no adjustments to the purity are made. An uncertainty is assigned
to the non-prompt photon estimate to cover phase-space differences (e. g.,
trigger and lepton-selection effects).

The purity can also be expressed in terms of observed data events,Nobs,

P = 1≠
N

fake
Z“

Nobs ≠Nother bkg
, (5.4)
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whereNother bkg denotes the number of events from all other backgrounds.
We can now select all data events passing the selection criteria of theZ“

CR, subtract the number of events from other backgrounds, and multiply
the yield by (1≠ P ) to obtainN

fake
Z“

. Since the purity is highly dependent
on the transverse momentum of the photon, the number of non-prompt-
photon Z“ events is derived differentially. The backgrounds subtracted
from data are MC-estimated contributions from tt̄“,WZ, and ZZ events
(see Table A.5 for details). Of the selected data events, 3.3% are identified
background events, of which 2.9% arise from tt̄“, 0.3% fromWZ, and 0.1%
from ZZ. No pileup contribution is subtracted to account for non-prompt
photons from jet production overlaid with a single-Z production.

Integrating over the transverse momentum of the photon, the nominal
estimate of Z“ events with a non-prompt photon is,

N
“fake
Z“

= 28370± 80 (stat.) ± 3860 (syst.). (5.5)

The statistical uncertainty is propagated from the number of observed
data events. The systematic uncertainties are the propagated uncertainty
in the purity (14%), the uncertainty due to phase-space differences to the
Z“ analysis (7%), and the luminosity uncertainty (1%). The relative system-
atic uncertainties on the MC-subtracted backgrounds are estimated to be
10–20%. However, their contribution to the non-prompt photon estimate is
around 0.2% and thus, negligible.

The systematic uncertainty due to phase-space differences to the Z“

analysis is derived with the Sherpa 2.2.4 Z“ MC simulation sample.
In Eq. (5.3), the purity is given in terms of prompt-photon Z“ events. De-
rivingN

“fake
Z“

via this definition should result in perfect closure if the purity
has been derived in the same phase space. With the Sherpa 2.2.4 Z“ MC
simulation sample, Nprompt

Z“
is estimated. We multiply this estimate with

a factor of (1 ≠ P )/P to derive N
fake
Z“

. This results in N
“fake
Z“

= 26500 ± 30
(stat.)±4770 (syst.). The statistical uncertainty is propagated from the MC
simulation estimate of prompt-photon Z“ events. The systematic uncer-
tainties are from the purity (18%), the difference to the nominal estimate
from data (7%), the systematic uncertainties in the MC simulation sample
(2%), and the luminosity uncertainty (1%).
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Figure 5.3: The number of Z“ non-prompt-photon events in the Z“ CR
derived from the purity measurement in bins of the transverse momentum.
The results for data as well as expected events with MC simulations are
shown. The total uncertainties are indicated by the shaded regions.

The consistent results of the nominal estimate for N fake
Z“

and the MC-
based estimate validate the use of the purity derived by the Z“ analysis. A
comparison of the two estimates as a function of photon transversemomen-
tum is shown in Fig. 5.3. The data and MC-based estimates integrated over
p
“

T > 30GeV are compared directly to the results of the Z“ analysis. The
estimates are consistent within their uncertainties. A detailed comparison
is given in Appendix C.1.2.

Subtraction method

As validation of the number of Z“ events with a non-prompt photon, an-
other method, the subtraction method, is applied. This method is indepen-
dent of the purity. Since we are not blinded in the Z“ CR, we can select all
data events and subtract the prompt-photon Z“ contribution together with
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pileup and the backgrounds from tt̄“,WZ, and ZZ. The remaining data
events are non-prompt-photon events.

The prompt-photon Z“ contribution is estimated with the Sherpa
2.2.4 Z“ MC simulation sample. Since the same MC simulation has been
used in the Z“ analysis and good agreement with data has been observed
when applying a normalization factor of 1.23, the estimation is reliable and
a systematic uncertainty of 2.3% (taken from the Z“ analysis) is applied.

Pileup arises from the simultaneous production of a Z boson and a
photon in twodifferent pp collisions. For the subtractionmethod, the pileup
contribution of the Z“ analysis is used. The contribution is extrapolated to
p
“

T > 20GeV using the photon transverse-momentum distribution from
simulated “+jets events. The relative uncertainty in the pileup contribution
is increased to 20% (Z“ analysis: 15%) to account for the uncertainties in the
extrapolation.

The contribution of tt̄“,WZ, andZZ events is estimatedwith dedicated
MC simulation samples. Flat systematic uncertainties of 10–20% are directly
taken from the Z“ analysis and applied accordingly.

In Fig. 5.4, the data and expected-event comparison is shown as a func-
tion of the photon’s transverse momentum. The difference between data
and expected events is assumed to beN“fake

Z“
. Subtracting the expected con-

tributions (prompt-photon Z“, pileup, tt̄“, WZ, and ZZ) from data, we
deriveN“fake

Z“
= 28290± 470 (stat.)±3590 (syst.).

The statistical uncertainty combines the data and simulation uncer-
tainties. The systematic uncertainties include the propagated systematic
uncertainties in the Z“ simulation sample (11%), the pileup contribution
(6%), the other simulation samples (2%), and the luminosity (1%).

The subtraction-method estimate of N“fake
Z“

agrees with the nominal
purity-based result (see Appendix C.1.1 for more details).

5.1.2 Ratio of ZZ+jet and Z+jet events

For the ratio of ZZ+jet and Z+jet events, we need to define two new CRs,
the ZZ+jet CR and the Z+jet CR. In comparison with the SR, the ZZ+jet
CR has no requirements on the photon. The selection criteria on the leptons
are the same as in the SR. Additionally, jet requirements are imposed. As
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Figure 5.4: Data and expected contributions from prompt-photon Z“,
pileup, tt̄“,WZ, and ZZ events in the Z“ CR as transverse-momentum
distribution of the photon. The Z“ events with a non-prompt photon are
not shown. The ratio of expected contributions to data is shown at the
bottom.

described earlier, the jet selection should be similar to the photon selection,
thus, the leading jet candidate is selected, a transverse momentum of pT >

20GeV is required, and the jet must satisfy |÷| < 2.6. The Z+jet CR also
has no photon requirements, fulfills the leading-Z-boson criteria of the
SR definition, and uses the same jet-selection criteria as the ZZ+jet CR.
An overview of the selections defining the ZZ+jet CR and Z+jet CR is
presented in Table A.8.

The ZZ+jet and Z+jet events in their dedicated CRs are selected di-
rectly from data. In the Z+jet CR the background from other processes
is less than 2.5%; roughly half of this comes from top-quark decays and
the other half from diboson production and misidentified leptons [136].
Because of the low contribution, no background subtraction is performed.
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Chapter 5 Background estimation

The background in theZZ+jet CR is larger: in inclusiveZZ production the
background is 6.5%, dominated by misidentified leptons [137]. By including
the misidentified-lepton background in ZZ+jet events, the non-prompt
photon estimate in the SR contains the contribution with a non-prompt
photon and misidentified leptons. Thus, no background subtraction is
applied to the ZZ+jet CR either.

The ratio of ZZ+jet and Z+jet events for different kinematic proper-
ties of the jet is shown in Figs. 5.5 and 5.6. In Fig. 5.5, a dependence of
the ratio on the jet’s transverse momentum is observed. Due to energy-
momentum conservation, the additional jet in the ZZ+jet system must
balance a largermomentum than the jet in theZ+jet system. Consequently,
the jet’s transverse-momentum spectrum in ZZ+jet events is shifted to
higher values, producing an increase of the ratio at high jet pT. In con-
trast, the ratio is approximately independent of the jet’s pseudorapidity
and azimuthal angle, see Fig. 5.6.

The data ratio is compared with predictions from simulation. For the
predictions, two generators are used. The pp æ ¸¸ process with up to three
and two additional jets at NLO is modeled with the MadGraphPythia8
and the Sherpa 2.2.11 event generator, respectively. The qq æ ¸¸¸¸ process
with up to one additional jet at NLO is modeled with the MadGraph-
Pythia8 and the Sherpa 2.2.2 event generator. Finally, the gg æ ¸¸¸¸

process with one additional jet at LO is generated with Sherpa 2.2.2. More
information on the samples is given in Appendix A.3.

TheMadGraph ratio is defined as the number of events from the Mad-
GraphPythia8 qq æ ¸¸¸¸ simulation sample passing the ZZ+jet CR
divided by the events from the MadGraphPythia8 pp æ ¸¸ simulation
sample passing the Z+jet CR. The Sherpa ratio is defined analogously.

The total uncertainty of theMadGraph and Sherpa ratio is the combina-
tion of the statistical uncertainty from the simulation samples (0.4%), the
experimental uncertainties (6% and 9%), the theoretical uncertainties (6%
and 7%), and an uncertainty in the jet characteristics (10%). The variations
to derive the experimental and theoretical uncertainties are applied to the
ratio and partially cancel. More details about their different contributions
are given in Appendix C.2. The derivation of the uncertainty in the jet
characteristics is described after the data and prediction comparison.
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Figure 5.5: The transverse-momentum distribution of the jet for the ratio of
ZZ+jet and Z+jet events. The shaded regions indicate the total uncertain-
ties of the predicted ratios; the data uncertainty is statistical only.
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Figure 5.6: The pseudorapidity distribution of the jet for the ratio of ZZ+jet
and Z+jet events (a), the azimuthal angle distribution of the jet for the
ratio of ZZ+jet and Z+jet events (b). The shaded regions show the total
uncertainty of the predicted ratios. The data uncertainty is only statistical.
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In Fig. 5.6, the predictions underestimate the ratio. The difference
between the Sherpa ratio and the MadGraph ratio is mainly due to the
gg æ ¸¸¸¸ process, which is not included in the MadGraph ratio. A naive
explanation for the data-vs-prediction discrepancy would be a missing
normalization factor. However, in Fig. 5.5, we also observe a slight shape
difference. This shape discrepancy originates primarily from Z+jet events.
The transverse-momentum distribution of the jet is not modeled well for
these events due to the limited understanding of QCD. The model under-
estimates the number of events with low transverse momenta and slightly
overestimates them at high transverse momenta [138, 139]. Missing NLO
electroweak corrections lead to a 10–15% underestimation of the predicted
ZZ+jet events. The data also includes contributions from background
processes as described earlier. The data and prediction comparison for the
individual CRs are shown in Appendix C.1.3.

For the extrapolation to the SR, the data-derived ratio is used. However,
we need simulations to study the characteristics of the jets in the ZZ+jet
and theZ+jet events. The parton producing the jet has the largest effect on
the probability of a jet being misidentified as a non-prompt photon. Thus,
the fraction of quark- and gluon-induced jets for ZZ+jet and Z+jet events
is studied. These fractions can be obtained from the truth information in
the simulation samples.

In Fig. 5.7, the fraction of quark- and gluon-induced jets as a function
of the jet’s transverse momentum for ZZ+jet and Z+jet events is shown.
For Z+jet events approximately 50% of the jets are quark-induced at low
transverse momentum. This fraction increases with pT up to 75%. The over-
all fraction of quark-induced jets is lower for ZZ+jet events. Only 40% of
the low-pT jets and 70% of the high-pT jets are quark-induced. The frac-
tions of gluon-induced jets is around 50% for Z+jet events at low pT and
decreases with pT to 25%. For ZZ+jet events the fraction of gluon-induced
jets is around 60% at low pT and decreases to 30% at high pT. Both event
generators give consistent results.

The effect of the different fractions in ZZ+jet and Z+jet events on the
ratio is studied as a function of the jet-faking-photon probability of quark-
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Figure 5.7: The fraction of quark- and gluon-induced truth jets for Z+jet
and ZZ+jet events passing the Z+jet and ZZ+jet CR, respectively. The
fractions are shown as function of the transverse momentum of the jet
and for events from theMadGraphPythia8 and Sherpa samples. The
quark-induced fraction is shown in (a), the gluon-induced fraction in (b).
Only the statistical uncertainties are shown.

versus gluon-induced jets. For this, we can write the ratio as

NZZ+j

NZ+j

=
f
ZZ

q
+ f

ZZ

g

fZ
q
+ fZ

g

·
NZZ+j

NZ+j

, (5.6)

where fq and fg are the fractions of quark- andgluon-induced jets inZZ+jet
and Z+jet. In case the probability of faking a photon differs by a factor x
for gluon-induced jets, the ratio is affected as

NZZ+j

NZ+j

∆
f
ZZ

q
+ x · fZZ

g

fZ
q
+ x · fZ

g

·
NZZ+j

NZ+j

. (5.7)

Due to the different fractions of quark- and gluon-induced jets for ZZ+jet
and Z+jet events, the ratio varies depending on x, see Fig. 5.8.

In the extreme case that only quark-induced jets produce non-prompt
photons (x = 0), the extrapolation ratiowould be overestimated by¥ 17%. In
the opposite extreme where only gluon-induced jets produce non-prompt
photons (x æ Œ), the ratio would be underestimated by¥ 34%. Although it
is generally expected that gluon-induced jets have a higher photon-faking
probability due to their larger particle multiplicity and broader jet shape,
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Figure 5.8: Effect of different quark- or gluon-induced jet-faking-
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fZZ
q +x·fZZ

g

fZ
q +x·fZ

g
· NZZ+j

NZ+j

for various values of x is shown for the MadGraphPythia8 and Sherpa
samples.

the exact factor is unknown.With the current knowledge, a 10% uncertainty
is assigned to the ratio to cover the range of reasonable values of x.

5.1.3 Non-prompt photons in the signal region

The number of Z“ events with a non-prompt photon and the ratio of
ZZ+jet and Z+jet events can be combined to derive the number of events
with non-prompt photons in the SR. The ratio, as well asN“fake

Z“
, depends on

the transverse momentum. Thus, the extrapolation to the SR is performed
differentially. The number of non-prompt photons in the SR is

N
“fake
ZZ“

= 0.713± 0.019 (stat.)± 0.129 (syst.). (5.8)

The transverse-momentum distribution ofN“fake
ZZ“

is presented in Fig. 5.9. In
addition, the extrapolateddistributions obtainedwith the simulation-based
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purity estimate and with the subtraction method forN“fake
Z“

are shown.

The systematic uncertainty onN
“fake
ZZ“

is the combination of the uncer-
tainty in the purity (14%), the jet-characteristic differences betweenZZ+jet
and Z+jet events (10%), the effect of the phase-space difference to the Z“

analysis (7%), and the uncertainty in the luminosity (1%). A summary of the
uncertainties is given in Table 5.1.

The number of non-prompt-photon events in the SR for the various
Z-boson decay channels is given in Table 5.2. The distribution among the
different channels is taken from the ZZ+jet events, and the same relative
systematic uncertainty is applied to all channels.
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Table 5.1: Summary of the uncertainty sources and their relative contribu-
tion to the final estimate ofN“fake

ZZ“ .

Source Relative uncertainty [%]

Statistics (tot.) 2.6
Purity measurement (tot.) 14
Phase-space uncertainty 7
Quark-gluon variations 10
Integrated luminosity 0.8

Total uncertainty 18

Table 5.2: Number of estimated non-prompt-photon events in the SR for the
different lepton flavor channels.

Channel Events

4e 0.135± 0.004 (stat.)± 0.024 (syst.)
2e2µ 0.343± 0.009 (stat.)± 0.062 (syst.)
4µ 0.234± 0.006 (stat.)± 0.043 (syst.)

5.1.4 Validation

The ratio method is validated in theWZ“ CR. This CR is defined similarly
to the SR, but instead of at least four leptons passing the Z-boson selection
requirements, only at least three leptons are required, of which two must
satisfy the leading-Z criteria (see Table A.9).

Using the same ansatz as for ZZ“ events with a non-prompt photon
(Eq. (5.1)), the following relation holds:

N
“fake
WZ“

N
jets
WZ

=
N

“fake
Z“

N
jets
Z

. (5.9)

Here,N“fake
WZ“

is the number ofWZ“ events with a non-prompt photon
in the WZ“ CR and N

jets
WZ

is the number of WZ+jet events passing the
WZ+jet selection—the same requirements as in the Z+jet CR, but with
an additional lepton. The right-hand side of the equation is identical to
that of Eq. (5.1).
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We can estimateN“fake
WZ“

from the previous derived results forN“fake
Z“

and
N

jets
Z

, together with the number of WZ+jet events passing the WZ+jet
selection. This estimate can be compared with the number ofWZ“ events
with a non-prompt photon obtained in the ATLASWZ“ analysis [33].

The number of WZ+jet events passing the WZ+jet selection is esti-
mated with MC simulation samples. We do not use data due to the dom-
inant background fraction (30–70%). Since there are no selection criteria
on missing transverse energy or the transverse mass of theW boson, the
background—especially misidentified leptons—is large. Therefore, we also
use the Z+jet estimate from simulation.

Furthermore, the photon-pT requirement in theWZ“ analysis is pT >

15GeV. For a fair comparison we derive N“fake
Z“

, N jets
Z

, and N
jets
WZ

using the
same photon-pT threshold.

Applying the same procedure as before, the number of WZ“ events
with a non-prompt photon is

N
“fake
WZ“

(pT > 15GeV) = 14.7± 0.1 (stat.)± 3.7 (syst.). (5.10)

The systematic uncertainty assumes the same relative uncertainty as listed
in Table 5.1. This uncertainty underestimates the true uncertainty: the
purity estimate for 15GeV < pT < 20GeV has a large uncertainty, and
the ratio estimate from simulation also yields a larger uncertainty than
the data. Nevertheless, the result agrees with the expected non-prompt-
photon contribution from the WZ“ analysis, N“fake

WZ“
= 14.6 ± 3.4 (stat.)

±2.0 (syst.) [33].

5.2 Misidentified leptons

The second-largest background contribution comes from events with mis-
identified—also called fake—leptons, e. g.,WZ“ or tt̄“ events. While these
processes have a prompt isolated photon, the leptonic decay results in only
two or three prompt leptons. An event with one or two additionalmisidenti-
fied leptons can pass the selection criteria of the SR. Due to the significantly
larger cross-sections of e. g.,WZ“ or tt̄“ processes, the contribution is non-
negligible and needs to be estimated.
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We use the matrix method [140] to derive the contribution of events
withmisidentified leptons in the SR. Thematrix depends on the efficiencies
of the prompt/real and misidentified/fake leptons to pass the SR selection
relative to a looser selection. These efficiencies will be estimated in Sec-
tion 5.2.2. Due to the low statistics of events with four loose leptons and one
prompt photon, the misidentified lepton contribution is first determined
for ZZ events and extrapolated to the SR, as described in Section 5.2.3.

5.2.1 Matrix method

Before we derive the matrix method for a four lepton final state, we will
explain the concept for the one lepton case.

Matrix method for one lepton

The matrix method relates the number of real and fake leptons (Nr and
N

f ) to the number of leptons passing a tight selection (NT) and leptons
passing a loose but failing a tight selection (NLnT),

A
N

T

N
LnT

B
=

A
‘r ‘f

1≠ ‘r 1≠ ‘f

BA
N

r

N
f

B
. (5.11)

Thematrix depends on the real and fake efficiencies (‘r and ‘f ). Using data,
N

T and N
LnT are derived by selecting the events fulfilling the required

selection criteria. The real and fake efficiencies can be determined with
dedicated simulation samples or CRs in data. With these ingredients given,
the unknown number of fake leptons passing the tight selection, Nf

T =
‘f ·Nf , can be derived. For this, we can invert the matrix,

A
N

r

N
f

B
=

A
‘r ‘f

1≠ ‘r 1≠ ‘f

B≠1 A
N

T

N
LnT

B
=

A 1≠‘f

‘r≠‘f
≠ ‘f

‘r≠‘f

≠ 1≠‘r
‘r≠‘f

‘r
‘r≠‘f

BA
N

T

N
LnT

B

(5.12)
to get Nf in dependence of the known efficiencies, NT, and N

LnT. Thus,
the number of fake leptons passing the tight selection is:

N
f

T =
5
1≠ ‘r(1≠ ‘f )

‘r ≠ ‘f

6
N

T + ‘r‘f

‘r ≠ ‘f
N

LnT
. (5.13)
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Table 5.3:Overview of the 16 different scenarios for a four-leptons event
with leptons that pass the tight selection (3) and leptons that pass the loose
but fail the tight selection (7). When the order of the individual leptons is
irrelevant, the 16 scenarios can be grouped into five categories (SR, CR1–4).

Region ¸1 ¸2 ¸3 ¸4

SR 3 3 3 3

CR1

3 3 3 7
3 3 7 3
3 7 3 3
7 3 3 3

CR2

3 3 7 7
3 7 7 3
3 7 3 7
7 3 3 7
7 3 7 3
7 7 3 3

CR3

3 7 7 7
7 3 7 7
7 7 3 7
7 7 7 3

CR4 7 7 7 7

Matrix method for four leptons

In the case of four leptons, we do not have justNT andN
LnT. Each lepton

in the event fulfills either the tight or loose-not-tight criteria, resulting in
16 (24) options, see Table 5.3.

Since the ordering of the leptons is not unique, andwedonot carewhich
exact lepton is fake, we can combine the 16 cases into five: SR, CR1, CR2,
CR3, and CR4. The lepton order is defined by their transverse momenta
and the efficiencies depend on the momenta as well. Thus, the number
of misidentified leptons is derived differentially as a function of lepton
transversemomentum.Wewill later prove that the efficiency of each lepton
for a given transverse momentum is the same (see Section 5.2.2).
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Similar to the one lepton case, a matrix relating the number of events
with leptons passing the tight selection and leptons passing the loose and
failing the tight selection to the number of eventswith real and fake leptons
can be determined. This matrix depends on the real and fake efficiencies.
By inverting the matrix and after some algebra (see Appendix D.1), the
number of events passing the tight selection with at least one misidentified
lepton,Nfakes, is

Nfakes =
C
1≠

A 4Ÿ

i=1

‘r,i(1≠ ‘f,i)
(‘r,i ≠ ‘f,i)

BD
NSR

+
A 3Ÿ

i=1

‘r,i(1≠ ‘f,i)
(‘r,i ≠ ‘f,i)

B
‘r,j‘f,j

(‘r,j ≠ ‘f,j)
NCR1

≠
A 2Ÿ

i=1

‘r,i(1≠ ‘f,i)
(‘r,i ≠ ‘f,i)

BA 2Ÿ

j=1

‘r,j‘f,j

(‘r,j ≠ ‘f,j)

B
NCR2

+ ‘r,i(1≠ ‘f,i)
(‘r,i ≠ ‘f,i)

A 3Ÿ

j=1

‘r,j‘f,j

(‘r,j ≠ ‘f,j)

B
NCR3

≠
A 4Ÿ

j=1

‘r,j‘f,j

(‘r,j ≠ ‘f,j)

B
NCR4,

(5.14)

where the index i denotes leptons passing the tight selection and the index
j denotes leptons passing the loose but failing the tight selection. The
number of events passing the lepton requirements of each of the regions
is given byNSR orNCR. The SR represents the case where all leptons pass
the tight requirements. Each CR (CR1–4) contains three to zero1 leptons
passing the tight selection and one to four leptons passing the loose but
failing the tight selection, respectively.

5.2.2 Real and fake efficiencies

For the expression to derive the number of events with a misidentified
lepton, the real and fake efficiencies are needed. As mentioned above, the
real (fake) efficiency is the fraction of real (fake) leptons passing the tight
selection relative to a looser selection.

1The loose identification requirements on the dilepton triggers prevent a trigger bias.

74



5.2 Misidentified leptons

Table 5.4: Summary of the lepton requirements that differ in the loose and
tight selection.

Lepton Selection Identification Isolation d0 significance

Electrons loose loose — < 5
tight medium loose < 5

Muons loose medium — < 10
tight medium loose < 3

The tight selection is the signal selection. Regarding the leptons, this
means electrons must pass the Medium identification WP and the Loose
isolation WP, and muons must pass the PflowLoose isolation WP and their
transverse impact parameter must fulfill |d0|/‡d0 < 3.

The looser selection has fewer constraints on the electrons and muons.
Thus, the loose selection has the same requirements as the signal selection,
but electronsmust only pass the Loose identificationWP and no isolation is
required, and muons must fulfill the relaxed transverse-impact-parameter
requirement of |d0|/‡d0 < 10 and no isolation is required. A summary of
the lepton-requirement differences is listed in Table 5.4.

Real efficiency

The real efficiency is determined with MC simulation samples. All events
passing the loose selection are selected from the 4¸“ signal sample. To
ensure that the selected lepton is real, it is matched to a truth lepton via
the truth information in the simulation sample. Only matched leptons are
considered for the real-efficiency determination. From all leptons passing
the previously mentioned requirements, the fraction that also passes addi-
tionally the signal selection is obtained. This fraction represents the real
efficiency.

This efficiency differs for electrons and muons, so it is derived sep-
arately for each lepton flavor. As mentioned before, the efficiency also
depends on the transverse momentum of the lepton, thus it is derived
differentially. Since the efficiency of the isolation and identification WPs
depend on pseudorapidity, the efficiency is derived differentially in pseu-
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Figure 5.10: The efficiency to pass the tight selection relative to the loose
selection for real electrons (a) and real muons (b) as function of pT and |÷|.

dorapidity as well. This results in two 2D real-efficiency distributions, one
for electrons and one for muons, see Fig. 5.10. The binning has been opti-
mized for the real and fake efficiencies combined such that each bin has
enough statistics while preserving the shape of the transverse-momentum
and pseudorapidity distributions.

As mentioned earlier, the efficiency does not depend on the specific
lepton (leading versus sub-leading, etc.). The transverse-momentum dis-
tributions of the real efficiency for each individual lepton per event are
shown for electrons and muons in Fig. 5.11. The efficiency distributions
for all electrons (muons) agree within their uncertainties, excluding the
extremely low-statistics bins (e. g., the first pT bin or the first bins after the
pT threshold of the leading lepton).

Fake efficiency

The fake efficiency needs to be determined in data because of the limited
understanding of jets beingmisidentified as leptons or non-prompt leptons
from hadron decays and thus, a poor modeling of the kinematic properties.
We define a Z + 1¸ CR which contains a large fraction of fake leptons. This
CR contains events with exactly three leptons, two of which fulfill the
requirements of the leading Z boson in the SR and the third lepton needs
to pass the loose-selection requirements, see Table 5.4. An overview of all

76



5.2 Misidentified leptons

20 40 60 80 100 120 140 160 180 200
 [GeV]

T
p

0

0.2

0.4

0.6

0.8

1

Ef
fic

ie
nc

y

Electron 1
Electron 2
Electron 3
Electron 4

 MC Simulationγ4l

-1= 13 TeV, 140 fbs

(a)

20 40 60 80 100 120 140 160 180 200
 [GeV]

T
p

0

0.2

0.4

0.6

0.8

1

Ef
fic

ie
nc

y

Muon 1
Muon 2
Muon 3
Muon 4

 MC Simulationγ4l

-1= 13 TeV, 140 fbs

(b)

Figure 5.11: The efficiency for each lepton in the event to pass the tight
selection relative to the loose selection as function of pT for real electrons
(a) and real muons (b).

requirements on the Z + 1¸ CR is presented in Table A.10.
The third lepton is, with high probability, a fake lepton. All events

in data passing the Z + 1¸ CR requirements are selected. Contributions
with three real leptons (e. g., ZZ and WZ events) in the Z + 1¸ CR are
estimated with dedicated MC simulation samples and subtracted from the
data yield. In the remaining events, the third lepton is assumed to be a fake
lepton. For all these leptons, the fraction passing the tight-selection criteria
is estimated and represents the fake efficiency. The 2D distributions for
electrons and muons with the fake efficiency are shown in Fig. 5.12.

While the real efficiencies are fairly similar for electrons and muons,
the fake efficiencies differ significantly. Overall, the muon fake efficiencies
are lower due to the more effective reconstruction. Since prompt muons
leave signatures in every sub-detector and can be clearly identified through
the presence in the MS, the probability of a fake muon passing the muon
reconstruction, isolation, and identification requirements is low.

5.2.3 Estimation of misidentified lepton events

For the estimation of the number of events with at least one fake lepton
in the SR, we need the efficiencies as well as the data yields for the SR and
the CR1–4. Since the number of events in CR1–4 combined is eight (two in
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Figure 5.12: The efficiency to pass the tight selection relative to the loose
selection for fake electrons (a) and fake muons (b) as function of pT and |÷|.

CR1, six in CR2, none in CR3 and CR4) and we are blinded in the SR, we
estimate the number of fake lepton events in the ZZ CR and extrapolate
the result to the SR.

The selection criteria of the ZZ CR (CR’1–4) are the same as for the SR
(CR1–4), without all photon requirements (see Appendix A.4). Eq. (5.14) is
taken but withNZZ CR instead ofNSR andNCR’ instead ofNCR. The number
of events passing the CR’1–4 is nearly three orders of magnitude larger than
for CR1–4.

With the number of events passing the different CRs and the real and
fake efficiencies, we get the number of events with at least one fake lepton
in the ZZ CR, N fake ¸

ZZ
= 50 ± 9 (stat.) ± 29 (syst.). This number contains

contributions from fake electrons and fake muons, see Table 5.5 for details.
The statistical uncertainty is from the data statistics,

Ô
N . The system-

atic uncertainties are the uncertainties in the MC simulation samples used
for the subtraction of the prompt lepton contributions (56%), the uncer-
tainty from the choice of binning (14%), and the uncertainties in the real
and fake efficiencies (7%). The uncertainty in the luminosity is negligible.

The uncertainty in the MC simulation samples is the dominant un-
certainty. The prompt lepton contributions estimated via MC simulations
are varied +30% and -10%. The fake efficiencies are derived with the varied
contribution subtracted. The difference to the nominal estimate with the
varied fake efficiencies is taken as uncertainty. The choice of varying the
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Table 5.5:Overview of the number of fake lepton events in the ZZ CR.
The results are given for the 4e, 2e2µ and 4µ channels. The 4e channel has
contributions only from fake electrons, the 4µ channel only from fake
muons, and the 2e2µ channel has mixed contributions, predominantly from
fake electrons. In each case the fake estimate was derived as a function of
transverse momentum and pseudorapidity. The statistical and systematic
uncertainties are given.

Channel Events

4e 17 ± 6 (stat.) ± 13 (syst.)
2e2µ 29 ± 6 (stat.) ± 17 (syst.)
4µ 4.2± 1.5 (stat.) ± 1.9 (syst.)

MC simulation contributions by +30% and -10% is based on the results from
theWZ [141, 142] andZZ [137] analyses. Themeasured cross-sections have
an uncertainty of 5–7% and 6%, respectively. In contrast to those analyses,
no NLO-to-NNLO differential scale factors are applied. These scale factors
result in corrections of +10% up to +20%. To take both effects into account,
we vary the contributions asymmetrically.

The uncertainty in the binning is the difference to the nominal value
from the estimate with flat real and fake efficiencies. The uncertainties in
the efficiencies are the propagated Binomial uncertainties.

To derive the number of events with fake leptons in the SR, we need to
extrapolateN fake ¸

ZZ
from ZZ CR to the SR. Since the number of fake lepton

events should be approximately independent of an additionally produced
photon, the following relation should hold:

N
fake ¸
ZZ“

NZZ“

= N
fake ¸
ZZ

NZZ

, (5.15)

withN
fake ¸
ZZ“

the number of events with at least one fake lepton in the SR.
The number ofZZ“ events in the SR andZZ events in theZZ CR areNZZ“

andNZZ , respectively.
We estimateNZZ“ with the two signal MC simulations andNZZ with

the Sherpa 2.2.2 qq æ ¸¸¸¸ and gg æ ¸¸¸¸MC simulation samples (see Ap-
pendix A.3). This results in the number of events with at least one fake
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Table 5.6:Number of expected events with a fake lepton in the SR for the
different lepton-flavor channels. The 2e2µ channel contains electron fakes,
muon fakes, and mixed fakes.

Channel Events

4e 0.041± 0.015 (stat.)± 0.035 (syst.)
2e2µ 0.071± 0.016 (stat.)± 0.048 (syst.)
4µ 0.010± 0.004 (stat.)± 0.005 (syst.)

lepton in the SR,

N
fake ¸
ZZ“

= 0.12± 0.02 (stat.)± 0.08 (syst.). (5.16)

The results for each decay channel are shown in Table 5.6 and in Fig. 5.13.
The contribution of misidentified leptons in the 4e channel is significantly
larger than in the 4µ channel. This is a direct result of the higher fake
efficiencies for electrons.

The statistical uncertainty includes the propagated data statistics from
N

fake ¸
ZZ

and the statistical uncertainties of the MC simulation samples. The
systematic uncertainties are the propagated uncertainties ofN fake ¸

ZZ
(58%)

and a modeling uncertainty to account for the difference in the transverse-
momentum distribution of ZZ and ZZ“ events (31%). A summary of the
uncertainties is given in Table 5.7.

For the modeling uncertainties, the transverse-momentum distribution
of the data events passing the various CRs for the estimation ofN fake ¸

ZZ
is

reweighted. The ratio of the transverse-momentum distribution of ZZ“

events and ZZ events estimated via Sherpa MC simulation samples is
used for reweighting. The transverse-momentum distributions as well as
their ratios are shown in Fig. 5.14. The number of events with fake leptons
is estimated with the reweighted transverse-momentum distribution and
the difference to the nominal estimate is taken as uncertainty.

The pseudorapidity distributions of the leptons in ZZ and ZZ“ events
have the same shape and agree within uncertainties. Thus, no pseudora-
pidity reweighting is performed.
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Figure 5.13: The number of misidentified lepton events in the 4e, 4µ, 2e2µ,
and 4¸ channels. The 4¸ channel is the sum of the other three channels. The
shaded region shows the total uncertainty.
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dotted lines in the ratio indicate an uncertainty band of±0.31.
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Table 5.7: Summary of the uncertainty sources and their relative contribu-
tion to the number of events with a fake lepton in the SR,N fake ¸

ZZ“ .

Source Relative uncertainty [%]

Statistics 18
Efficiency (N fake ¸

ZZ
) 7

MC variations (N fake ¸
ZZ

) 56
Binning (N fake ¸

ZZ
) 14

Modeling 31
Total systematic uncertainty 64

Total uncertainty 66

5.2.4 Validation

The misidentified lepton estimate is validated in a same-sign validation
region (VR). Since the fake leptons come from jets and hadron decays, the
number of events with a fake lepton should be independent of the charge
of the final-state particles from the hard interaction. Thus, changing the
charge of one lepton in the final state should result in the same number of
events with a fake lepton. The same-sign VR has the same requirements
as the SR but, instead of two OSSF lepton pairs, one OSSF lepton pair and
one same-sign same-flavor (SSSF) lepton pair is required. The same-sign
VR yields zero events.

To validate the N fake ¸
ZZ

estimate in the ZZ CR, the same validation is
applied in the same-sign VR’. This VR is defined as the same-sign VR but
without any photon requirements. The data yield in the same-sign VR’ is
58±8. Less than two events are from prompt lepton backgrounds (tt̄Z : 1.7,
WWZ : 0.2) and not considered in the comparison. The data yield in the
same-sign VR’ agrees within uncertainties with theN fake ¸

ZZ
estimate. The

distribution in the different decay channels is shown in Fig. 5.15.
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Figure 5.15: The data yield and the number of events with a fake lepton in
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the fake lepton estimate shows the total uncertainty ofN fake ¸

ZZ (no modeling
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5.3 Pileup

Due to high instantaneous luminosity, more than one collision per bunch-
crossing occurs at each IP. In Run 2 an average of ÈµÍ = 33.7 [143] simulta-
neous pp interactions per bunch-crossing took place in the ATLAS detector.
Approximately one hard-scatter physics process occurs per collision; all
additional interactions are pileup. However, a combination of two or more
coincidental pp collisions can result in the same final state as the signal
process.

The 4¸“ final state can be produced through a combination of e. g., a
single-Z event and a Z“ event or a ZZ event and a single-photon produc-
tion from two different overlaid pp collisions. The transverse and longitu-
dinal impact-parameter requirements on the leptons ensure that all four
selected leptons originate from the same vertex. Thus, the combinatorial
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background from a single-Z event and aZ“ event can be neglected, leaving
the pileup contribution of ZZ + “ events.

Reconstructed photons are distinguished as converted or unconverted
(see Section 3.3.2). Converted photons do not leave tracks in the innermost
part of the Inner Detector, and unconverted photons are only reconstructed
from the clusters in the EM calorimeter. Thus, the extrapolation to the
beam line is less accurate, resulting in a poor reconstruction of the photon’s
point of origin. A potential pileup contribution of a ZZ event overlaid with
single-photon production needs to be estimated.

Since the two productions are independent of each other, the number
of pileup events should be proportional to the production probability P of
a ZZ event multiplied with the production probability of a single photon,
NPU Ã P (ZZ)P (“). Furthermore, the number of pileup events is positively
correlated with the number of simultaneous pp collisions. Combining these
two conditions, the number of pileup events at particle level can be written
as follows:

N
fid
PU = ‘

fid
ZZ+“

ÈµÍ
‡ZZ‡“

‡inel
L. (5.17)

The cross-sections ‡ZZ and ‡“ reflect the probabilities of their respective
productions and are normalized by the total inelastic cross-section ‡inel.
The efficiency ‘

fid
ZZ+“

gives the fraction of ZZ and single-photon events
passing the selection criteria of the FR.

This efficiency is derived by randomly overlaying ZZ events with
“+jets events from two different MC simulations at particle level. The
two randomly overlaid events are treated as one event and need to fulfill
the FR selection criteria. The efficiency is then calculated via the ratio of
events passing the FR to all randomly overlaid events. For the weighted
MC simulations this results in

‘
fid = �fidw

�selw
, (5.18)

where �selw is the sum of weights of the randomly selected events before
any selection criteria are applied and �fid the sum of weights of the events
passing the FR selection requirements. The weight of each event is the
product of the weight of the ZZ event and the “+jets event.
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Table 5.8:Overview of the results taken from other analyses or publications.
The numbers are given with their uncertainties and references.

ÈµÍ 33.7 [143]
‡ZZ ( 1.25± 0.08 )pb [144]
‡“ ( 460± 120 ) nb [145]
‡inel ( 78.1± 2.9 ) mb [146]
L ( 140.1± 1.2 ) fb≠1 [125]

The Sherpa 2.2.2 qq æ ¸¸¸¸ MC event generator sample is used for
the ZZ events and the Sherpa 2.2.2 pp æ “+jets MC event generator
sample for the “+jets events, see Appendix A.3 for details. For the efficiency
estimation at particle level no detector simulation is needed. One random
event from each of the MC event generator samples is chosen, and the FR
selection requirements are imposed. This process is repeated 1,000,000
times to reduce the statistical uncertainty of the efficiency.

Due to the selection of five final state particles, the efficiency is heavily
reduced through the acceptance requirements on each particle. Addition-
ally, the transverse-momentum distribution of the single photon is softer
than for the signal process (see Fig. 5.16a) and thus also reduces the effi-
ciency. The total efficiency is ‘fid

ZZ+“
= 0.78± 0.02%.

The efficiencies differ for the decay channels due to the acceptance
differences of electrons and muons in the fiducial region. These mainly
arise through the larger probability of bremsstrahlung for the electron due
to its lower mass. This effect is partially corrected for by summing the
energy of photons within a cone of radius�R < 0.1 to the lepton.

Besides the efficiency derived with the overlay of the MC simulations,
results from previous measurements are used for the estimation of pileup
events and stated in Table 5.8. Combining the results, we derive the ex-
pected number of pileup events at particle level,

N
fid
PU = 0.27± 0.06. (5.19)

For the estimation of the pileup background contribution in the SR, we
need the number of pileup events at reconstruction level. To extrapolate the
number of pileup events from particle level to reconstruction level, we can
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Table 5.9:Number of pileup events expected for the different lepton flavor
channels and the corresponding correction factor. The uncertainty of
the correction factor is the combination of statistical and experimental
uncertainties in the simulation samples.

Channel Correction factor Events

4e 0.239± 0.006 0.012± 0.001 (stat.)± 0.003 (syst.)
2e2µ 0.352± 0.009 0.043± 0.001 (stat.)± 0.011 (syst.)
4µ 0.474± 0.012 0.033± 0.001 (stat.)± 0.008 (syst.)

use the previously derived correction factorC. As described in Section 4.3.2,
the correction factor is the ratio of simulated reconstructed events in the
SR to simulated events at particle level passing the FR selection require-
ments. By multiplying the number of pileup events at particle level with
the correction factor, we get the number of pileup events at reconstruction
level.

As mentioned earlier, the correction factor is unique to each MC sam-
ple. However, the two individual correction factors for the Sherpa 2.2.2
qq æ ¸¸¸¸ and the Sherpa 2.2.2 pp æ “+jets MC event generator sample
cannot take the selection criteria affecting both—leptons and photon—into
account. Since the correction factor reflects the reconstruction inefficien-
cies and limited detector acceptance, the combined correction factors of
the 4¸“ and ZH æ ZZ“ signal samples are used instead.

The correction factor differs significantly for the different decay chan-
nels, see Table 5.9. This is mainly due to the pseudorapidity acceptance and
reconstruction efficiency differences for electrons and muons. Since the
selection efficiency and the correction factor depend on the decay channel,
the pileup contribution is estimated for each decay channel individually
and summed afterwards, see Table 5.9. The combined pileup contribution
is

NPU = 0.089± 0.002 (stat.)± 0.022 (syst.). (5.20)

The different uncertainty sources with their relative contribution are
listed in Table 5.10. The statistical uncertainty on the pileup estimate comes
from the MC overlay (2%). If necessary, this uncertainty could be further
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Table 5.10:Overview of the uncertainty sources of the pileup estimate and
their relative contributions.

Source Relative uncertainty [%]

Efficiency 1.9
‡“ 25
‡ZZ 6
‡inel 4
Correction factor 3

Total uncertainty 26

reduced by increasing the number of overlays. Compared to the other un-
certainties, the statistical uncertainty is negligible.

Due to large scale variations (20–30% [145]), the single-photon cross-
section has the dominant uncertainty. Other systematic uncertainties come
from the ZZ and inelastic cross-sections measurements (6% and 4%). The
uncertainty in the correction factor includes the statistical and experi-
mental uncertainties (3%). The uncertainty in the integrated luminosity is
negligible.

Additionally, the application of the 4¸“ correction factor is studied. The
largest difference between ZZ“ events and the ZZ + “ pileup events is
the transverse-momentum distribution of the photon, see Fig. 5.16a. Even
though the correction factor is not applied differentially, we can determine
the correction factor as a function of the photon transverse momentum. In
Fig. 5.16b, we can see the transverse-momentum distribution of the photon
at reconstruction level and particle level. The lower part shows the ratio.
Additionally, the value of the correction factor is shown.

The ratio of photon transverse momentum at reconstruction level and
particle level is approximately constant over the range of the distribution.
The ratio decreases at very low transverse momenta and increases slightly
with higher momenta.

To quantify the effect of the difference in transverse momentum, the
photon’s transverse momentum of the 4¸“ signal sample is reweighted to

87



Chapter 5 Background estimation

0

0.1

0.2

0.3

0.4

0.5

Ev
en

ts

20 40 60 80 100 120 140 160 180 200
 [GeV]

T
 pγ

1
2
3

R
at

io

Sherpa 2.2.11 lllly

Sherpa 2.2.2 y+jets

MC simulation
-1= 13 TeV, 140 fbs

FR

(a) Photon pT at particle level

0
0.5

1
1.5

2
2.5

3
3.5

4

Ev
en

ts

20 40 60 80 100 120 140 160 180 200
 [GeV]

T
 pγ

0.2
0.4
0.6

R
at

io

Particle level

Reco level

 MC simulationγ4l
-1= 13 TeV, 140 fbs

(b) Photon pT for the 4¸“ sample

Figure 5.16: Comparison of the Sherpa 2.2.11 ¸¸¸¸“ sample and the
Sherpa 2.2.2 “+jets sample as a function of the transverse momentum
of the photon (a). The transverse-momentum distribution of the Sherpa
2.2.11 ¸¸¸¸“ signal sample at reconstruction and particle level (b). The ratio
represents the differential correction factor. The nominal correction factor is
added as a dotted line.

the “+jets photon distribution. The re-derived correction factor is multi-
plied with the pileup contribution at particle level and results in N

Õ
PU =

0.084± 0.021. This result is consistent with the pileup contribution using
the nominal correction factor of the 4¸“ sample. Thus, no further correc-
tions are applied.

5.4 Summary

Thenon-negligible background contributions in the SRof theZZ“ analysis
are the non-prompt photon background estimated using a ratiomethod, the
misidentified-lepton contribution derived using a matrix method, and the
combinatorial pileup background predicted using aMCoverlay. A summary
of the background contributions, including the event yields for the various
decay channels for each background estimate, is shown in Table 5.11.
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Table 5.11: Event yields of the background contributions in the SR for the
different decay channels. The 4¸ channel is the combination of the 4e, 2e2µ,
and 4µ channels.

Channel Background Number of events

4e Non-prompt Photons 0.135± 0.004 (stat.)± 0.024 (syst.)
Misidentified Leptons 0.041± 0.015 (stat.)± 0.035 (syst.)
Pile up 0.012± 0.001 (stat.)± 0.003 (syst.)

Background 0.193± 0.016 (stat.)± 0.043 (syst.)

2e2µ Non-prompt Photons 0.343± 0.009 (stat.)± 0.062 (syst.)
Misidentified Leptons 0.071± 0.016 (stat.)± 0.048 (syst.)
Pile up 0.043± 0.001 (stat.)± 0.011 (syst.)

Background 0.471± 0.018 (stat.)± 0.079 (syst.)

4µ Non-prompt Photons 0.234± 0.006 (stat.)± 0.043 (syst.)
Misidentified Leptons 0.010± 0.004 (stat.)± 0.005 (syst.)
Pile up 0.033± 0.001 (stat.)± 0.008 (syst.)

Background 0.287± 0.007 (stat.)± 0.044 (syst.)

4¸ Non-prompt Photons 0.713± 0.019 (stat.)± 0.129 (syst.)
Misidentified Leptons 0.122± 0.022 (stat.)± 0.078 (syst.)
Pile up 0.089± 0.002 (stat.)± 0.022 (syst.)

Background 0.924± 0.029 (stat.)± 0.152 (syst.)
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Results

The cross-section of ZZ“ production in the fully leptonic final state is
measured. With the signal and background contributions estimated in the
SR, the data are unblinded. The signal extraction will be described in Sec-
tion 6.1, the results will be presented in Section 6.2, and their interpretation
will follow in Section 6.3.

6.1 Signal extraction

The number of observed signal events is obtained by subtracting the ex-
pected background from the total number of observed events: Nsig =
Nobs ≠Nbkg. In the SR, the cross-section at reconstruction level is defined
as

‡
SR
ppæ4¸“ =

Nsig

L , (6.1)

with the integrated luminosity L = 140.1± 1.2 fb≠1. To obtain the result
at particle level, independent of detector acceptance and reconstruction
efficiencies, we correct the observed signal yield by the correction factor
C = 0.352 ± 0.005 (stat.) ± 0.009 (syst.), which was determined in Sec-
tion 4.3.2. The systematic uncertainty on the correction factor is from the
experimental uncertainties on the signal MC simulation samples. The fidu-
cial cross-section at particle level is then

‡
fid
ppæ4¸“ =

Nsig

C · L . (6.2)

The significance Z quantifies the probability of obtaining the observed
number of events under the background-only hypothesis. In the low-event
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count regime (withNobs Ø Nbkg), the significance is calculated as [147]

Z =
Û

2
3
Nobs ln

5
Nobs(Nbkg+‡2

bkg
)

N2
bkg

+Nobs‡
2
bkg

6
≠

N2
bkg

‡2
bkg

ln
5
1 +

‡2
bkg

(Nobs≠Nbkg)
Nbkg(Nbkg+‡2

bkg
)

64

(6.3)
To observe the ZZ“ final state, the background-only hypothesis needs to
be rejected with Z Ø 5‡; to find evidence, Z Ø 3‡ is required.

6.2 Results

The data in the SR are unblinded, yielding eight observed events. This is
compatible with the expected total yield of 7.96± 0.09 (stat.)± 0.23 (syst.).
A breakdown of the expected signal, background, and observed number of
events is given in Table 6.1. In Fig. 6.1 data and predictions are compared
in the different decay channels and for various differential distributions—
photon transverse momentum, four-lepton-plus-photon invariant mass,
and dilepton invariant mass. In all distributions the data agree well with
the prediction.

With the estimated background contribution of Nbkg = 0.92 ± 0.15,

Table 6.1:Overview of the expected number of signal and background
events as well as the the observed number of events.

Number of events

Sherpa 2.2.11 4¸“ 6.28± 0.09 (stat.)± 0.18 (syst.)
PowhegPythia8 ZH æ ZZ“ 0.76± 0.03 (stat.)± 0.03 (syst.)

Signal 7.04± 0.09 (stat.)± 0.18 (syst.)

Fake photons 0.71± 0.02 (stat.)± 0.13 (syst.)
Fake leptons 0.12± 0.02 (stat.)± 0.08 (syst.)
Pileup 0.09± 0.002 (stat.)± 0.02 (syst.)

Total background 0.92± 0.03 (stat.)± 0.15 (syst.)

Ntot prediction 7.96± 0.09 (stat.)± 0.23 (syst.)

Ntot data 8
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Figure 6.1: Data are compared with the signal and background expecta-
tions in the SR. In (a) the event yields are shown in the 4e, 4µ, 2e2µ and 4¸
channel, where the 4¸ channel is the sum of the other three channels, as
distinguished by the dashed line. Distribution of (b) the photon transverse
momentum p

“
T, (c) the four-lepton-plus-photon invariant massm4¸“ , and

(d) the dilepton invariant massm¸¸, which includes entries from the leading
and sub-leading Z boson, taken from [7].
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the signal yield is Nsig = 7.08+3.76
≠2.59 (stat.) ± 0.15 (syst.). Using Eq. (6.3),

the background-only hypothesis is rejected with a significance of 4.4‡
(expected 4.4‡), resulting in strong evidence of the ZZ“ final state. The
measured cross-section at reconstruction level is

‡
SR
ppæ4¸“ = 0.051+0.026

≠0.018 (stat.)± 0.001(syst.) fb. (6.4)

The statistical uncertainty is propagated from the asymmetric statistical
uncertainty inNsig. The systematic uncertainties are from the background
estimate and the uncertainty in the luminosity.

Applying the correction factor C, the fiducial cross-section at particle
level is1

‡
fid
ppæ4¸“ = 0.144+0.077

≠0.053 (stat.)± 0.005 (syst.) fb. (6.5)

This measurement is in agreement with the SM prediction, ‡fid
SM = 0.143±

0.001 (stat.)± 0.005 (theo.) fb, which is obtained from the two signal MC
simulation samples (4¸“ and ZH æ ZZ“). The total uncertainty is domi-
nated by the statistical component (40%) due to the limited event count;
systematic uncertainties (4%) arise mainly from experimental uncertainties
and background modelling.

6.3 Interpretation and discussion

The measured fiducial cross-section is in good agreement with the SM
electroweak prediction for triple-gauge-boson production. The result is
statistics-limited and, with only eight observed events, one of the smallest
cross-sections measured at the LHC.

For all distributions in Fig. 6.1 the data agree well with the SM ex-
pectations. Two isolated outliers are present: a single event with a high
photon transversemomentum and one entry with a high dilepton invariant
mass. However, the number of expected events for a photon with trans-
verse momentum above 120GeV is N(p“T > 120GeV) = 1.00 and the
number of expected entries for a dilepton invariant mass above 120GeV is

1The statistical uncertainty on the fiducial cross-section differs from that reported in
Ref. [7] due to different methods to determine the statistical uncertainty onNsig. Here, we
use the ‰2 inversion method to obtain the 68% confidence interval. In Ref. [7], a profile-
likelihood-ratio test statistic in the asymptotic approximation [148] is performed.
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N(m¸¸ > 120GeV) = 1.39. Given the total of eight observed events, these
are compatible with statistical fluctuations.

The analysis provides strong evidence of the ZZ“ production, with the
limited event yield being the obstacle to observation. Assuming the same
signal-to-background ratio and relative number of observed events, the
current ATLAS Run 3 dataset (2022–2025) with an integrated luminosity of
300 fb≠1 [149] would yield:Nobs ƒ 17,Nsig ƒ 15, andNbkg ƒ 2.0with 16%
relative uncertainty. With these numbers the background-only hypothesis
would be rejected with a significance well above 6‡. Looking even further
ahead, the HL-LHC era will enable differential cross-sectionmeasurements,
testing the SM even further.

The ZZ“ final state has future physics potential. In the SM, the tree-
levelZZ“ production does not contain any triple- or quartic-gauge vertices;
fully neutral triple- or quartic-gauge couplings are forbidden. Consequently,
this final state is an excellent probe of anomalous neutral gauge couplings,
e. g., via dimension-8 operators in an effective field theory framework [150,
151]. At present, the Z““ final state offers higher sensitivity because of its
larger event yield. However, with increased statistics, the ZZ“ final state
will become competitive or even superior. Its advantages relative to theZ““

final state are the sensitivity to the ZZZ“ interaction (no sensitivity for
Z““) and the lower background fraction (this analysis: 12%, Z““: 29% [34]).

A precise measurement of the ZZ“ final state is also important for the
Higgs boson program, especially for theHiggs toZ“ decay. Current analyses
are targeting the vector-boson fusion production of the Higgs boson to find
evidence ofH æ Z“ [152]. With more data, the ZH associated-production
channel with a fully leptonic final state will be a clean channel to measure
the H æ Z“ branching ratio. In this channel, the direct production of
ZZ“ will be the dominant background. Reducing the uncertainty on this
background will directly increase the discovery potential forH æ Z“.

Beyond the specific physics cases, this analysis demonstrates that back-
grounds can be constrained in high-statistics CRs and reliably extrapolated
to low-statistics SRs, yielding a low background uncertainty. Such a strat-
egy is essential for any search that relies on a background-only hypothesis
test.

In summary, the present result constitutes the first evidence of theZZ“
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final state. It is a stepping stone for a future observation, for tests of neutral
gauge-boson couplings, and for a measurement of theH æ Z“ branching
ratio. The methodology and the achieved background precision are also
applicable to other analyses that are limited by low event yields.
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Conclusion

The simultaneous production of two Z bosons and a photon (ZZ“) is an
electroweak process that probes the non-abelian gauge-boson self-inter-
actions. We have performed the first cross-section measurement of ZZ“

production in the four-lepton-plus-photon final state using the ATLAS
full Run 2 dataset (

Ô
s = 13TeV, 140 fb≠1). We selected two opposite-sign

same-flavor lepton pairs and an isolated photon with a transverse momen-
tum of p“T > 20GeV. A dedicated veto against photon final-state radiation
significantly suppressed its contribution.

The main background contributions were estimated with data-driven
techniques. For the non-prompt photon background, we developed a new
ratio method that extrapolates from the high-statistics Z“ control region.
With this method, the non-prompt photon background yield was estimated
as 0.71±0.13 events. We expanded thematrix method to a four-lepton final
state, resulting in a misidentified lepton background yield of 0.12± 0.08
events.

After the selection, eight candidate events were observed with an ex-
pected background contribution of 0.92±0.15 events. The background-only
hypothesis is rejected with a significance of 4.4‡, providing the first experi-
mental evidence of ZZ“ production. The fiducial cross-section at particle
level is measured as ‡fid

ZZ“
= 0.144+0.077

≠0.053 fb, in excellent agreement with the
Standard Model prediction of 0.143 ± 0.005 fb. This test of the Standard
Model confirms the non-abelian structure of the electroweak sector.

In conclusion, this analysis results in the first ZZ“ cross-section mea-
surement, demonstrates strong evidence of this process, and provides a
foundation for future triple-gauge-boson measurements and searches for
new physics.
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Appendix A

Technical details

A.1 Trigger selection

The analysis uses the lowest unprescaled single- and dilepton triggers. A
list of the used triggers is given in Table A.1.

The trigger names follow a strict naming convention. While e refers to
electrons, mu refers to muons. Numbers in front of the particle abbreviation
represent the multiplicity, e. g., 2e for the di-electron triggers. The number
after the particle abbreviation is the HLT transverse momentum threshold
in GeV. A chain of particles plus threshold forms a logicalAND, combining
the different requirements on particles, e. g., mu18_mu8 for the di-muon
trigger in 2015 requires one muon with a transverse momentum of at least
pT Ø 18GeV and a second muon with at least pT Ø 8GeV.

All the di-muon triggers have different thresholds for the two required
muons; these triggers are referred to as asymmetric. In contrast, triggers
that have the same requirements on the particles of interest are referred to
as symmetric, such as the di-electron triggers.

The trigger names also contain information about additional identifi-
cation and isolation requirements if applied in the trigger. Here, lh is the
abbreviation for likelihood and indicates that this part of the trigger name
refers to the electron identification WP (e. g., loose, medium, or vloose for
very loose). If the transverse impact parameter is not used in the identifi-
cation, the trigger name additionally contains nod0 (no d0). The applied
isolation WP is given after the prefix i.

The part of the trigger name starting with L1 and in capitalized letters
contains information about the L1 seed/Region-of-Interest. The structure
is similar to the HLT part: multiplicity, region, threshold, identification,
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Table A.1:Overview of the triggers used in the ZZ“ event selection.

Trigger type Year Trigger name

Single electron trigger 2015 e24_lhmedium_L1EM20VH
e60_lhmedium
e120_lhloose

2016–2018 e26_lhtight_nod0_ivarloose
e60_lhmedium_nod0
e140_lhloose_nod0

Single muon trigger 2015 mu20_iloose_L1MU15
2016–2018 mu26_ivarmedium
2015–2018 mu50

Di-electron trigger 2015 2e12_lhloose_L12EM10VH
2016 2e17_lhvloose_nod0
2017–2018 2e24_lhvloose_nod0

Di-muon trigger 2015 mu18_mu8noL1
2016–2018 mu22_mu8noL1

and isolation requirements. The phrase noL1 means that the particle under
consideration does not need to have a seed given by the L1 trigger [108,
153].

A.2 Identification and isolation working points

Reconstructed electrons, muons, and photons have different identification
and isolation WPs. The tighter the WPs, the more likely it is a prompt par-
ticle. The reconstruction of the final state particles and general definition
of the different WPs are described in Section 3.3. More details to the WPs
applied in the ZZ“ analysis will be given in the following.

A.2.1 Identification working points

While the muon identification WPs are a combination of hit, acceptance,
and ratio of charge and momentum requirements, the photon identifica-
tion WPs have many requirements on the energy in different parts of the
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calorimeters, shower width, and on the acceptance. The electron identifica-
tion WP are likelihood-based and a combination of requirements on the
energy in different parts of the calorimeters, showerwidth, track conditions
and track-clustermatching. TheZZ“ analysis uses themediummuon iden-
tification WP, the loose photon identification WP, and medium or loose
electron identification WPs. These WPs are detailed in the following.

Muons used in this analysis are combined muons and to pass the
medium identificationWP (|÷| < 2.5) the significance of the ratio of charge
and momentum (see definition on p.8 in Ref. [74]) must be less than seven
and the number of segments with at least three hits in the MDT or CSC
detectors need to be larger than one. In case the latter requirement is not
fulfilled, the muon still passes the medium identificationWP if exactly one
segments with at least three hits in the MDT or CSC detectors exists, less
than two segments with less than three hits where three hits are expected
from the trajectory, and an absolute pseudorapidity of |÷| < 0.1 [74].

The loose identification WP of photons is based on rejection criteria on
calorimeter variables. A list of variables is presented in Table A.2 [127].

The loose and medium electron identification WPs are based on a dis-
criminant of the prompt-electron likelihood and the prompt-electron plus
non-prompt-electron likelihood. The different quantities used in the likeli-
hood are listed in Table A.3 [110].

A.2.2 Isolation working points

The electron,muon, and photon isolationWPs are a combination of require-
ments on calorimeter isolation and tracking isolation. The ZZ“ analysis
uses the Loose electron WP, the PflowLoose muonWP, and the Loose pho-
ton WP. The exact thresholds for these WPs are listed in Table A.4.

In Table A.4, pcone20T refers to the sum of transverse momentum in a
cone of size�R = 0.2 around the transverse momentum track in the Inner
Detector. The track isolation with a varcone30 indicates that the cone size
is variable, depending on the track momentum. The cone size is defined
as [74]

�R = min
3 10GeV
pT [GeV]

, 0.3
4
. (A.1)
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Table A.2: Variables and their description used for the loose identification
WP of the photon, taken and modified from [127].

Category Description

Acceptance |÷| < 2.37, with 1.37 < |÷| < 1.52 excluded

Hadronic leakage Ratio of ET in the first sampling layer of the
hadronic calorimeter to ET of the EM cluster
(used over the range |÷| < 0.8 or |÷| > 1.37)
Ratio of ET in the hadronic calorimeter
to ET of the EM cluster
(used over the range 0.8 < |÷| < 1.37)

EMmiddle layer Ratio of 3◊7 ÷ ◊ „ to 7◊7 cell energy

Lateral width of the shower

Ratio of 3◊3 ÷ ◊ „ to 3◊7 cell energy

EM strip layer Shower width calculated from three strips
around the strip with maximum energy deposit

Total lateral shower width

Energy outside the core of the three central
strips but within seven strips divided by
energy within the three central strips

Difference between energy associated with the
second maximum in the strip layer and the energy
reconstructed in the strip with the minimum
value found between the first and second maxima

Ratio of the energy difference associated
with the largest and second-largest energy
deposits to the sum of energy
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Table A.3:Quantities and their descriptions used for the definition of the
electron identification WP, taken and modified from [110].

Type Description

Hadronic leakage Ratio of ET in the first layer of the
hadronic calorimeter to ET of the EM cluster
(used over the range |÷| < 0.8 or |÷| > 1.37)
Ratio of ET in the hadronic calorimeter
to ET of the EM cluster
(used over the range 0.8 < |÷| < 1.37)

EM third layer Ratio of the energy in the third layer to the total
energy in the EM calorimeter

EM second layer Lateral shower width
Ratio of the energy in 3◊3 ÷ ◊ „ to 3◊7 cells
centered at the electron cluster position
Ratio of the energy in 3◊7 ÷ ◊ „ to 7◊7 cells
centered at the electron cluster position

EM first layer Shower width
Ratio of the energy difference between the maximum
energy deposit and the energy deposit in a secondary
maximum in the cluster to the sum of energy
Ratio of the energy in the first layer to the total
energy in the EM calorimeter

Track conditions Number of hits in the innermost pixel layer
Number of hits in the pixel detector
Number of hits in the pixel and SCT detectors
Transverse impact parameter and its significance
Relative momentum lost by the track between the
perigee and the last measurement point

TRT Likelihood probability based on transition radiation

Track cluster �÷ between the cluster position in the first layer
matching and the extrapolated track

�„ between the cluster position in the second layer
and the momentum-rescaled track times the charge
Ratio of cluster energy to track momentum
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Table A.4: Loose isolation WP thresholds for the electrons, muons, and
photons [73, 74].

Track isolation Calorimeter isolation

Electron p
varcone30
T
pT

< 0.15 E
cone20
T,topo
pT

< 0.2

Photon p
cone20
T
pT

< 0.05 E
cone20
T,topo
pT

< 0.065

Muon p
varcone30
T +0.4Eneflow20

T
pT

< 0.16 (pT < 50GeV)
p
cone20
T +0.4Eneflow20

T
pT

< 0.16 (pT > 50GeV)

For the calorimeter isolation, the electron and photon isolation WPs
dependent on E

cone20
T,topo . This variable is the transverse energy sum of topo-

logical clusters with their barycenter in a cone of size �R = 0.2 around
the electron or photon EM topological cluster [85, 110]. Muon calorimeter
isolation thresholds are determined via E

neflow20
T , the transverse energy

sum of neutral particle-flow objects in a cone of size�R = 0.2 around the
muon energy cluster [74].

A.3 Monte Carlo simulation samples

To understand the underlying behavior of data, compare data to expecta-
tion, and extrapolate from CRs to the SR,MC simulations are used. TheMC
samples simulating the signal process as well as simulations of different
background processes (e. g., pp æ WZ“, pp æ ZZ, pp æ tt̄“) are needed in
this analysis. A list of all MC simulation samples applied in the signal and
background estimation is presented in Table A.5. The samples are grouped
into the different simulated processes.

The MC simulation samples for the signal estimation are the 4¸“ sam-
ples, the Sherpa 2.2.11 pp æ ¸¸¸¸“ sample for the direct production and
the PowhegPythia8 pp æ ZH æ ZZ“ sample for the Higgs contribu-
tion. They are described in detail in Section 4.3.

For the non-prompt photon background, the Sherpa 2.2.4 pp æ ¸¸“
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Table A.5:Overview of MC simulation samples used in the analysis. The
samples are grouped into the different areas they are primarily used for. The
process describes the matrix element calculation without the simultaneous
produced additional partons. The precision of the matrix element depends
on the number of additional partons (jets) produced with the hard scatter
event. The used PDF sets are given. Depending on the used event generator,
matrix element and parton shower are either simulated by the same genera-
tor or two different ones are used.

Process Precision PDF set Generator

4¸“ pp æ ¸¸¸¸“ 0j@NLO+1, 2j@LO NNPDF 3.0 NNLO Sherpa 2.2.11
pp æ ZH æ ZZ“ NLO AZNLO CTEQ6L1 PowhegPythia8

Z pp æ ¸¸“ 0–3j@LO NNPDF 3.0 NNLO Sherpa 2.2.4
pp æ ¸¸ 0–3j@NLO NNPDF 3.1 NNLO MadGraphPythia8

0–2j@NLO+3–5@LO NNPDF 3.0 NNLO Sherpa 2.2.11

ZZ qq æ ¸¸¸¸ 0, 1j@NLO NNPDF 2.3 LO MadGraphPythia8
0, 1j@NLO+2, 3j@LO NNPDF 3.0 NNLO Sherpa 2.2.2

gg æ ¸¸¸¸ 0, 1j@LO NNPDF 3.0 NNLO Sherpa 2.2.2

WZ pp æ ¸¸¸‹ 0, 1j@NLO+2, 3j@LO NNPDF 3.0 NNLO Sherpa 2.2.2
pp æ ¸¸¸‹“ 0j@NLO+1, 2j@LO NNPDF 3.0 NNLO Sherpa 2.2.11
pp æ WWZ 0j@NLO+1, 2j@LO NNPDF 3.0 NNLO Sherpa 2.2.2

tt̄ pp æ tt̄ æ ¸‹¸‹“, ¸‹qq“ LO NNPDF 2.3 LO MadGraphPythia8
pp æ tt̄ æ ¸‹¸‹, ¸‹qq NLO NNPDF 3.0 NLO PowhegPythia8
pp æ tt̄¸¸ 0j@NLO+1–3j@LO NNPDF 3.0 NNLO Sherpa 2.2.11

“ pp æ “ 1, 2j@NLO + 3, 4j@LO NNPDF 3.0 NNLO Sherpa 2.2.2

with up to three partons at LO is used for the non-prompt photon estimation
in the Z“ CR. This sample uses the NNPDF3.0 PDF sets [114] and the
Sherpa parton-shower algorithm [115].

To validate the extrapolation from the Z“ CR to the SR via the ZZ+jet
and Z+jet ratio, the MadGraphPythia8 and Sherpa 2.2.11 pp æ ¸¸

samples, the MadGraphPythia8 and Sherpa 2.2.2 qq æ ¸¸¸¸ samples,
aswell as the Sherpa2.2.2 gg æ ¸¸¸¸ are used. All Sherpa samples use the
NNPDF3.0 PDF sets [114] and the Sherpa parton-shower algorithm [115],
while the MadGraphPythia8 samples use MadGraph [154] for the
matrix calculation, the NNPDF3.1 PDF sets [93] (NNPDF2.3 PDF sets [155])
for the pp æ ¸¸ (qq æ ¸¸¸¸) samples, and are interfaced with the Pythia8
parton-shower algorithm [121].

For the subtraction of backgrounds in the Z“ CR, the Sherpa 2.2.2
pp æ ¸¸¸‹ MC sample as well as the MadGraphPythia8 pp æ tt̄ æ
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¸‹¸‹“, ¸‹qq“ MC sample are used. The Sherpa 2.2.2 sample uses the
same setup as described earlier, and the MadGraphPythia8 uses the
NNPDF2.3 PDF sets [155] and is interfaced with the Pythia8 parton-
shower algorithm [121].

The estimation of the fake efficiency and the study of the fake-enriched
CR involve the Sherpa 2.2.2 pp æ ¸¸¸‹ MC sample and the Powheg-
Pythia8 pp æ tt̄ æ ¸‹¸‹, ¸‹qq MC samples. Both use NNPDF3.0 PDF
sets [114]. The Sherpa 2.2.2 sample is interfaced with the Sherpa parton-
shower algorithm [115] and the PowhegPythia8 with the Pythia8
parton-shower algorithm [121].

For the validation of the misidentified lepton background, the Sherpa
2.2.2 pp æ WWZ and Sherpa 2.2.11 pp æ tt̄¸¸ MC samples are used.
Both samples have the NNPDF3.0 PDF sets [114] and are interfaced with
the Sherpa parton-shower algorithm [115].

The MC overlay in the pileup estimation uses the same Sherpa 2.2.2
qq æ ¸¸¸¸MC samples as for the non-prompt photon estimation and the
Sherpa 2.2.2 pp æ “ MC samples with the same PDF sets and parton-
shower algorithm.

A.4 Baseline and control region selection criteria

The baseline selection contains all selection criteria applied to the SR as
well as to all CRs. Itmainly contains object selection criteria but also general
event selection criteria. A detailed description is given in Section 4.2.1. A
summary table is shown in Table A.6.

Detailed tables of the event selection criteria of the CRs defined in the
background estimation are given in the subsequent section.

A.4.1 Control regions for the non-prompt photon estimation

For the non-prompt photon estimation, four different CRs are defined. The
Z“ CR is needed to estimate Z“ events with a non-prompt photon. The
selection criteria are listed in Table A.7. The estimate of Z“ events with
a non-prompt photon is extrapolated to the SR using the ratio of ZZ+jet
to Z+jet events. These events are estimated in the ZZ+jet CR and Z+jet
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Table A.6:Overview of the baseline selection.

Event Good Run List, vertex, trigger matching, overlap removal

pT ÷ Identification and isolation

Electrons pT > 10GeV |÷| < 2.47, Loose ID, no iso, |d0|/‡d0 < 5,
excluded 1.37 < |÷| < 1.52 |z0 sin(◊)| < 0.5mm

Muons pT > 10GeV |÷| < 2.5 Medium ID, no iso, |d0|/‡d0 < 10,
|z0 sin(◊)| < 0.5mm

Photons pT > 15GeV |÷| < 2.37, Loose ID, no iso
excluded 1.37 < |÷| < 1.52

Jets pT > 20GeV |y| < 4.4 Pflow, jet vertex tagger< 0.59

Table A.7: Summary of the event selection criteria in the Z“ CR.

Electrons Muons Photon

Kinematics pT > 30, 25GeV pT > 20GeV
|÷| < 2.47 |÷| < 2.5 |÷| < 2.37

excluded 1.37 < |÷| < 1.52 1.37 < |÷| < 1.52

Isolation Loose Loose Loose
�R(µ, e) > 0.2 �R(¸, “) > 0.4

Identification Medium Medium Tight

Multiplicity Ø 1OSSF pair Ø 1 photon
Invariant mass m¸¸ > 40 GeV, (m¸¸“ +m¸¸) > 2 ·mZ

CR, respectively. The selection criteria of the two CRs are combined and
summarized in Table A.8. For the validation of the method, aWZ“ CR is
defined. The selection criteria are presented in Table A.9.

A.4.2 Control regions for the misidentified lepton estimation

For the misidentified lepton estimate, a variety of CRs are defined. For the
fake efficiency, the fake-enriched Z + 1¸ CR is needed. The selection crite-
ria are listed in Table A.10. For the fake lepton estimation with the matrix
method, four additional CRs with a different number of leptons passing
the tight selection and passing the loose but failing the tight selection are
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Table A.8: Summary of the event selection criteria in the Z(Z)+jet CR.

Electrons Muons Jet

Kinematics pT > 30, 25, (10, 10)GeV pT > 20GeV
|÷| < 2.47 |÷| < 2.5 |÷| < 2.6

excluded 1.37 < |÷| < 1.52

Isolation Loose Loose
�R(µ, e) > 0.2 �R(¸, jet) > 0.4

Identification Medium Medium PFlow

Multiplicity Ø 1(2)OSSF pairs Ø 1 jet
Invariant mass m¸¸ > 40 GeV

Table A.9: Summary of the event selection criteria in theWZ“ CR.

Electrons Muons Photon

Kinematics pT > 30, 25GeV pT > 20GeV
|÷| < 2.47 |÷| < 2.5 |÷| < 2.37

excluded 1.37 < |÷| < 1.52 1.37 < |÷| < 1.52

Isolation Loose Loose Loose
�R(µ, e) > 0.2 �R(¸, “) > 0.4

Identification Medium Medium Tight

Multiplicity Ø 3 leptons,Ø 1OSSF pair Ø 1 photon
Invariant mass m¸¸ > 40 GeV, (m¸¸“ +m¸¸) > 2 ·mZ
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Table A.10:Overview of the event selection in the Z + 1¸ CR.

Electrons Muons

Kinematics pT > 30, 25, 10GeV
|÷| < 2.47 |÷| < 2.5

excluded 1.37 < |÷| < 1.52

Isolation Z lepton: Loose Z lepton:Loose
Lepton 3: — Lepton 3: —

�R(µ, e) > 0.2
Identification Z lepton: Medium Medium

Lepton 3: Loose
d0 significance < 5 Z lepton: < 3

Lepton 3: < 10

Multiplicity = 3¸, 1OSSF pair
Invariant mass min(| m¸¸,1 ≠mZ |),m¸¸ > 40GeV

needed. The common selection criteria of CR1–4 are shown in Table A.11
and the individual differences are shown in Table A.12. Due to the limited
statistics in CR1–4, the number of fake leptons are estimated in the ZZ

CR, see Table A.13 for the selection criteria of the CR, and CR’1–4 are de-
fined. Their selection criteria are given in Table A.14 and the individual
differences are the same as for CRs1–4, see Table A.12. The validation of
the misidentified lepton estimate is done in the same-sign VR for the es-
timate in the SR and in the same-sign VR’ for the estimate in the ZZ CR.
The selection criteria of the two regions are presented in Table A.15 and
in Table A.16, respectively.
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Table A.11:Overview of the common event selection in CR1–4.

Electrons Muons Photon

Kinematics pT > 30, 25, 10, 10GeV pT > 20GeV
|÷| < 2.47 |÷| < 2.5 |÷| < 2.37

excluded 1.37 < |÷| < 1.52 1.37 < |÷| < 1.52

Isolation — — Loose
�R(µ, e) > 0.2 �R(¸, “) > 0.4

Identification Loose Medium Tight
d0 significance < 5 < 10

Multiplicity Ø 2OSSF pairs Ø 1 photon
Invariant mass min(| m¸¸,1 ≠mZ | + | m¸¸,2 ≠mZ |),

m¸¸ > 40GeV, (m¸¸“ +m¸¸) > 2 ·mZ
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Table A.12:Overview of the differences in the event selection of CR1–4
(CR’1–4).

CR Criteria Flavor Lepton 1 Lepton 2 Lepton 3 Lepton 4

CR1 Isolation Electron Loose Loose Loose —
Muon Loose Loose Loose —

Identification Electron Medium Medium Medium Loose
Muon Medium Medium Medium Medium

d0 significance Electron < 5 < 5 < 5 < 5
Muon < 3 < 3 < 3 < 10

CR2 Isolation Electron Loose Loose — —
Muon Loose Loose — —

Identification Electron Medium Medium Loose Loose
Muon Medium Medium Medium Medium

d0 significance Electron < 5 < 5 < 5 < 5
Muon < 3 < 3 < 10 < 10

CR3 Isolation Electron Loose — — —
Muon Loose — — —

Identification Electron Medium Loose Loose Loose
Muon Medium Medium Medium Medium

d0 significance Electron < 5 < 5 < 5 < 5
Muon < 3 < 10 < 10 < 10

CR4 Isolation Electron — — — —
Muon — — — —

Identification Electron Loose Loose Loose Loose
Muon Medium Medium Medium Medium

d0 significance Electron < 5 < 5 < 5 < 5
Muon < 10 < 10 < 10 < 10
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Table A.13:Overview of the event selection in the ZZ CR.

Electrons Muons

Kinematics pT > 30, 25, 10, 10GeV
|÷| < 2.47 |÷| < 2.5

excluded 1.37 < |÷| < 1.52

Isolation Loose Loose
�R(µ, e) > 0.2

Identification Medium Medium
d0 significance < 5 < 3

Multiplicity Ø 2OSSF pairs
Invariant mass min(| m¸¸,1 ≠mZ | + | m¸¸,2 ≠mZ |),m¸¸ > 40GeV

Table A.14:Overview of the common event selection in CR’1–4.

Electrons Muons

Kinematics pT > 30, 25, 10, 10GeV
|÷| < 2.47 |÷| < 2.5

excluded 1.37 < |÷| < 1.52

Isolation �R(µ, e) > 0.2
Identification Loose Medium
d0 significance < 5 < 10

Multiplicity Ø 2OSSF pairs
Invariant mass min(| m¸¸,1 ≠mZ | + | m¸¸,2 ≠mZ |),m¸¸ > 40GeV
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Table A.15:Overview of the event selection in the same-sign VR.

Electrons Muons Photon

Kinematics pT > 30, 25, 10, 10GeV pT > 20GeV
|÷| < 2.47 |÷| < 2.5 |÷| < 2.37

excluded 1.37 < |÷| < 1.52 1.37 < |÷| < 1.52

Isolation Loose Loose Loose
�R(µ, e) > 0.2 �R(¸, “) > 0.4

Identification Medium Medium Tight
d0 significance < 5 < 3

Multiplicity Ø 1OSSF pair,Ø 1 SSSF pair Ø 1 photon
Invariant mass min(| m¸¸,1 ≠mZ | + | m¸¸,2 ≠mZ |),

m¸¸ > 40GeV, (m¸¸“ +m¸¸) > 2 ·mZ

Trigger Single and dilepton trigger

Table A.16:Overview of the event selection in the same-sign VR’.

Electrons Muons

Kinematics pT > 30, 25, 10, 10GeV
|÷| < 2.47 |÷| < 2.5

excluded 1.37 < |÷| < 1.52

Isolation Loose Loose
�R(µ, e) > 0.2

Identification Medium Medium
d0 significance < 5 < 3

Multiplicity Ø 1OSSF pair,Ø 1 SSSF pair
Invariant mass min(| m¸¸,1 ≠mZ | + | m¸¸,2 ≠mZ |),m¸¸ > 40GeV
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Event selection studies

B.1 Signal significance optimization

The signal selection is optimized tomaximize the signal contributionwhile
minimizing the background in the SR. Thus, the signal significance Z is
maximized, with [147],

Z =
ı̂ıÙ2

A
N ln

C
N(Nbkg + ‡2

bkg)
N2

bkg +N‡2
bkg

D
≠

N2
bkg

‡2
bkg

ln
C
1 +

‡2
bkg(N ≠Nbkg)

Nbkg(Nbkg + ‡2
bkg)

DB
,

(B.1)
withN the total number of signal and background events,Nbkg the number
of background events, and ‡bkg the uncertainty in the background.

First, a minimum event selection is defined that contains all selection
criteria that cannot be loosened or neglected. With this minimum event
selection applied,we optimize the signal selection bymaximizing the signal
significance.

The minimum event selection fulfills the baseline selection criteria
(see Section 4.2.1) and requires the final state particles: two OSSF lepton
pairs and a photon. The two OSSF lepton pairs are selected with the op-
timized selection algorithm. To suppress misidentified leptons and non-
prompt leptons, the leptons (electron and muons) must pass the medium
identification WPs and the loose isolation WP [73, 74]. To ensure that the
triggers are fully efficient, the leading and sub-leading leptons must pass
the transverse momentum thresholds of pT > 30GeV and pT > 25GeV,
respectively. The photonmust pass additionally the transverse-momentum
threshold of p“T > 15GeV, the loose isolation WP, and the tight identifica-
tion WP [73]. These photon requirements are needed to take advantage of
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the results of the ATLAS Z“ analysis [113] for the non-prompt photon back-
ground estimation. To suppress events with photon FSR, the FSR rejection
must be applied as well.

The signal significance is derived for each selection criterion and only
the requirements improving the significance are considered further. Only
the total signal and background yields are used; no distributions are ana-
lyzed. The number of signal events is the total yield of the 4¸“ sample and
the ZH æ ZZ“ sample (see Section 4.3).

For the number of background, only the non-prompt photon and mis-
identified lepton background are considered; the pileup contribution is
neglected. The non-prompt photon estimates for the different selection
criteria are derived with the MC-based Z“ estimates; the jet ratio is from
data. All estimates of the misidentified lepton background use the real and
fake efficiencies derived in Section 5.2.2. The data events passing CR’1–4
and the ratio ofNZZ“ andNZZ events are derived for each selection crite-
rion to estimate the number of misidentified leptons. The same relative
uncertainty (see Table 6.1) is applied to each background estimate.

We individually apply selection criteria whichmight increase the signal
significance. The signal significance after the minimum event selection
is Z = 3.99‡ and taken as baseline. Each selection criterion increasing
this significance is considered further, all others are discarded. The signal
and background yields including the significance for each of the selection
criteria is shown in Fig. B.1.

First, we optimize the trigger selection. The selection criterion after the
baseline selection are tighter requirements on the leading lepton. In case
only single lepton trigger are used, the leading lepton must pass the tight
identificationWP if it is an electron or the tight isolationWP if it is a muon
to prevent a bias. Since no significance increase is present for this selection
criterion, we use the combination of single and dilepton triggers.

The thresholds and selection criteria on the dilepton invariant mass
are also optimized. Various upper and lower thresholds are applied as well
as two different window cuts. The dilepton invariant mass thresholds of
m¸¸ > 20GeV andm¸¸ > 40GeV result in an increase of the significance.
All other criteria effect a decrease in the significance. Since all background
contributions contain at least one Z boson, the non-prompt photon and
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Figure B.1:Overview of the number of signal and background events for
each selection criteria. All selection criteria are applied individually. The
lower panel shows the signal significance and the dotted line represents the
baseline significance.

pileup even two, tighter selection criteria on the invariant mass of the
Z boson reduce the signal contribution to a larger degree than the back-
ground contributions. Nonetheless, the dilepton invariant mass thresholds
of m¸¸ > 40GeV is applied to the signal selection since it has a positive
effect on the significance.

Lastly, the photon transverse-momentum threshold is optimized. The
baseline selection has a threshold of p“T > 15GeV. Additionally, photon
transverse-momentum thresholds of p“T > 20GeV, p“T > 25GeV, and
p
“

T > 30GeV are imposed. All thresholds increase the signal significance.
The dominant non-prompt photon background is a falling function of the
photon transverse momentum. The distribution is falling steeper than the
photon transverse momentum distribution of the signal. Thus, the higher
the transverse momentum threshold, the lower the non-prompt photon
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background. Due to the non-linear signal and background relation in the
calculation of the significance, a photon transverse-momentum threshold
of p“T > 20GeV results in the highest significance. This threshold is applied
in the signal selection.

B.2 Kinematic distributions

The distributions of different kinematic properties, such as the dilepton
invariantmass or the transversemomentumoffinal state particles, is shown
in Fig. B.2 for the ZH æ ZZ“ sample.

The dilepton invariant mass distributions (Figs. B.2a and B.2b) are
very similar to the 4¸“ distributions (see Section 4.3). All Z bosons are on-
shell. The lepton transverse-momentum distributions (Fig. B.2d) show the
behavior as the 4¸“ distributions. However, all momentum distributions
have a lower mean in the ZH æ ZZ“ sample compared to the 4¸“ sample.

The largest difference between the two signal sample distributions is
present in the photon transverse momentum distribution (Fig. B.2c). The
on-shell Higgs decay into a Z boson and a photon limit the available mo-
menta. The photon distribution contains a contribution from the falling
photon spectrum (similar to the 4¸“ sample) as well as a distribution peak-
ing around 45GeV, roughly the difference between the Higgs boson and Z

boson mass.
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Figure B.2: The invariant mass distributions of the two leptons of the lead-
ing and sub-leading Z boson (top, left) and the dilepton invariant mass of
the electrons and muons (top, right). The kinematic distributions of the
transverse momentum of the photon (bottom, left) and the transverse mo-
mentum distribution of the leading, sub-leading, third leading and fourth
leading lepton (bottom, right). All distributions show events simulated with
the ZH(æ Z“) signal sample and passing the SR selection criteria. Total
uncertainties are shown, and the events are scaled to the Run 2 luminosity.
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Non-prompt photons

C.1 Comparison of the non-prompt photon estimates

More detailed comparisons of theN“fake
Z“

estimates as well as their consis-
tency with the results from the Z“ analysis [113] are presented in Appen-
dices C.1.1 and C.1.2. Additional comparisons regarding the CRs of the jet
ratio are detailed in Appendix C.1.3.

C.1.1 Comparison of the different methods

The different methods give consistent results, as shown in Table C.1. While
the shape differs slightly, see Fig. C.1, the overall agreement is good. A
detailed list of the different uncertainties is displayed in Table C.2.

C.1.2 Comparison to the Z“ analysis

The results of the two different purity estimates are compared to the esti-
mate of the Z“ analysis in Table C.3. A detailed comparison of the number
of data andMC simulation estimates in theZ“ CR is given in Table C.4. The

Table C.1: Comparison of the results with the purity methods and the
subtraction method. The total uncertainties are presented.

N
“fake
Z“

Purity+data 28 368± 4 295 (tot.)
Purity+MC 26 503± 5 146 (tot.)

Subtraction 28 288± 3 620 (tot.)
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Figure C.1: The transverse momentum distribution of the photon for events
with a non-prompt photon in the Z“ CR. The figure shows the distributions
from the purity measurement with data and MC samples as well as the dis-
tribution from the subtraction method. The total systematic uncertainties
are shown.

Table C.2: Summary of the uncertainty sources and their relative contribu-
tions to the different estimates of the number of non-prompt photon events
in the Z“ CR.

Source Subtraction Purity+data Purity+MC

Statistics 1.67% 0.27% 0.11%
Integrated luminosity 0.83% 0.83% 0.83%
MC systematic 12.67% — 2.32%
Purity measurement (tot.) — 13.61% 17.93%
Modelling uncertainty — 6.57% 7.04%

Total uncertainty 12.81% 15.14% 19.42%
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C.1 Comparison of the non-prompt photon estimates

Table C.3:Number of prompt photon Z“ events and number of non-
prompt photon Z“ events for photon transverse momentum thresholds of
pT > 20GeV and 30GeV in the Z“ CR derived with the purity methods. Ad-
ditionally, the results are given from the Z“ analysis [113] with pT > 30GeV
for the photon in the last row for comparison. The statistical uncertainties
are the propagated data and MC statistics. The contributions of the system-
atic uncertainty are shown in Table C.2.

N
“fake
Z“

(data) N
“fake
Z“

(MC)

“pT > 20GeV 28368± 76 (stat.)± 3862 (syst.) 26503± 30 (stat.)± 4770 (syst.)
“pT > 30GeV 10047± 34 (stat.)± 1244 (syst.) 9445± 9 (stat.)± 1313 (syst.)

Z“ analysis 9592± 256 (stat.)± 683 (syst.)

Table C.4:Number of data and expected events in the Z“ CR. The first
column shows the results for a transverse momentum threshold of the
photon of 20GeV, the second for a threshold of 30GeV and the last column
are the results from the Z“ analysis[113]. The number ofN“fake

Z“ is estimated
via the subtraction method.

Source Z“ CR Z“ CR Z“ analysis [113]
(pT > 20GeV) (pT > 30GeV)

N
obs 173 708± 417 (stat.) 99 971± 316 (stat.) 95 756± 309 (stat.)

NZ“ 130 984± 222 (stat.) ± 3091 (syst.) 80 734± 173 (stat.) ± 1905 (syst.) 79 485± 91 (stat.) ± 2196 (syst.)

N
“fake
Z“

28 288± 473 (stat.) ± 3589 (syst.) 12 565± 361 (stat.) ± 2006 (syst.) 9592± 256 (stat.) ± 683 (syst.)
Ntt“ 4953± 16 (stat.) ± 527 (syst.) 3674± 14 (stat.) ± 391 (syst.) 3635± 13 (stat.) ± 387 (syst.)
NPU 8707± 1741 (tot.) 2394± 479 (tot.) 2394± 342 (tot.)
NWZ 548± 5 (stat.) ± 117 (syst.) 425± 5 (stat.) ± 91 (syst.) 453± 4 (stat.) ± 97 (syst.)
NZZ 227± 7 (stat.) ± 49 (syst.) 179± 6 (stat.) ± 39 (syst.) 166± 1 (stat.) ± 36 (syst.)

table includes the results for a photon transverse momentum threshold of
pT > 30GeV and the results of theZ“ analysis [113] for a direct comparison.

C.1.3 Comparison of data and prediction in the jet ratio

To understand the underlying reason for the difference between data and
prediction in the jet ratio, a direct comparison of data and prediction in
each of the two CRs is shown in Fig. C.2.

In Fig. C.2 we can see that the data-prediction agreement differs for the
Z+jet and ZZ+jet CR. In the case of the Z+jet CR, a shape difference—an
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Figure C.2: Transverse momentum distribution of the jet for selected Z+jet
events in the Z+jet CR (a). Transverse momentum distribution of the jet
for selected ZZ+jet events in the ZZ+jet CR (b). The shaded regions show
the statistical uncertainty. The bottom panels show the ratio of data and
prediction.

overestimation in the prediction for low transverse momenta and an under-
estimation for high transverse momenta—is present. This shape difference
has already been observed in previous analyses [138, 139] and is due to the
limited understanding of QCD. In the ZZ+jet CR, a roughly 20% offset be-
tweendata and theMadGraphprediction is observed,while thedifference
between data and the Sherpa prediction is around 15%. The difference in
offset between the predictions originates from the not-included gg æ ¸¸¸¸

contribution for the MadGraph prediction. The remaining 10–15% differ-
encemost likely originates from not-includedNLO electroweak corrections
of the qq æ ZZ samples and other background processes. These effects
overlap in the ratio and result in the data versus prediction difference seen
in Fig. 5.6.

C.2 Jet ratio uncertainties

An overview of the experimental uncertainties for the Sherpa andMad-
graphPythia8 samples is shown in Table C.5, and the theory uncertain-
ties are shown in Table C.6. The luminosity uncertainty fully cancels.
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Table C.5: Relative contribution of the different experimental uncertainties
for the ratio of ZZ+jet and Z+jet events.

Uncertainty source Relative uncertainty [%]
Sherpa MadGraph

Jet energy resolution 5.92 1.50
Jet energy scale 5.11 2.52
Total jet uncertainty 7.82 2.93
Electron-photon energy resolution and scale 0.39 0.34
Electron identification efficiency 1.65 0.23
Electron reconstruction efficiency 0.21 0.29
Total electron uncertainty 1.71 0.50
Muon isolation efficiency 1.53 1.30
Muon reconstruction efficiency 0.42 0.39
Muon momentum resolution and scale 0.13 0.21
Total muon uncertainty 1.59 1.37
Pileup reweighting 3.87 5.58
Total systematic uncertainty 9.03 6.47

Table C.6:Overview of the theoretical uncertainty sources for the ratio of
N

jets
ZZ andN

jets
Z .

Source Relative uncertainty [%]
Sherpa MadGraph

Scale variations +3.6
≠8.8%

+6.5
≠3.4%

PDF variations 2.5% 3.4%
Total theory uncertainty +4.4

≠9.2%
+7.4
≠4.8%
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Appendix D

Misidentified leptons

D.1 Derivation of the misidentified lepton estimate for a
four-lepton final state

The derivation of the misidentified lepton estimate for a four-lepton final
state relies on induction. We derive the results for the one-lepton, two-
lepton, and three-lepton final state and infer from the pattern the result for
the four-lepton final state.

For each final state, the same procedure is applied. First, the number of
events with the various possibilities of tight and loose-not-tight leptons are
related to the numbers of real and fake leptons with a matrix. Afterwards
the matrix is inverted and the number of fake leptons passing the tight
selection is derived.

D.1.1 One-lepton final state

The one-lepton final state case has been presented in the estimation of the
misidentified lepton background, see Section 5.2, and is in the following
summarized for completeness. For better readabilityweuse fromnowonN

L

instead ofNLnT, and r and f for the real and fake efficiencies, respectively.
The relation of the tight,NT, and loose-not-tight leptons,NL, to the real
leptons,Nr, and fake leptons,Nf , is

A
N

T

N
L

B
=

A
r f

1≠ r 1≠ f

BA
N

r

N
f

B
. (D.1)

The number of fake leptons passing the tight selection,N fakes, is given by

N
fakes = f ·Nf

. (D.2)
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With the inverted matrix we can express N
fakes in terms of the known

quantitiesNT,NL, r, and f ,

N
fakes =

5
1≠ r(1≠ f)

r ≠ f

6
N

T + rf

r ≠ f
N

L
. (D.3)

D.1.2 Two-lepton final state

The same steps can be applied to two-lepton final states. Since we have
two leptons, we label the leading and sub-leading lepton with the indices
i = 1, 2, respectively. We start by relating the loose-not-tight and tight
leptons to the real and fake leptons,

Q

ccca

N
TT

N
TL

N
LT

N
LL

R

dddb
=

Q

ccca

r1r2 r1f2 f1r2 f1f2
r1(1≠ r2) r1(1≠ f2) f1(1≠ r2) f1(1≠ f2)
(1≠ r1)r2 (1≠ r1)f2 (1≠ f1)r2 (1≠ f1)f2

(1≠ r1)(1≠ r2) (1≠ r1)(1≠ f2) (1≠ f1)(1≠ r2) (1≠ f1)(1≠ f2)

R

dddb

Q

ccca

N
rr

N
rf

N
fr

N
ff

R

dddb
.

(D.4)
In the case of two leptons, the number of events with at least one fake

lepton that passes the tight selection is

N
fakes = r1f2 ·Nrf + f1r2 ·Nfr + f1f2 ·Nff

. (D.5)

Now we needN
rf ,Nfr andN

ff in terms ofNTT,NTL,NLT andN
LL. Thus,

we invert the matrix in Equation (D.4):

Q

ccca

N
rr

N
rf

N
fr

N
ff

R

dddb
=

Q

ccca

r1r2 r1f2 f1r2 f1f2
r1(1≠ r2) r1(1≠ f2) f1(1≠ r2) f1(1≠ f2)
(1≠ r1)r2 (1≠ r1)f2 (1≠ f1)r2 (1≠ f1)f2

(1≠ r1)(1≠ r2) (1≠ r1)(1≠ f2) (1≠ f1)(1≠ r2) (1≠ f1)(1≠ f2)

R

dddb

≠1 Q

ccca

N
TT

N
TL

N
LT

N
LL

R

dddb
.

(D.6)
With the inverse of the 4x4 matrix, we get

Q

ccca

N
rr

N
rf

N
fr

N
ff

R

dddb
= 1

(r1≠f1)(r2≠f2)

Q

ccca

(1≠ f1)(1≠ f2) ≠(1≠ f1)f2 ≠f1(1≠ f2) f1f2
≠(1≠ f1)(1≠ r2) (1≠ f1)r2 f1(1≠ r2) ≠f1r2
≠(1≠ r1)(1≠ f2) (1≠ r1)f2 r1(1≠ f2) ≠r1f2
(1≠ r1)(1≠ r2) ≠(1≠ r1)r2 ≠r1(1≠ r2) r1r2

R

dddb

Q

ccca

N
TT

N
TL

N
LT

N
LL

R

dddb
.

(D.7)
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Consequently, we have

N
rr = 1

(r1 ≠ f1)(r2 ≠ f2)
#
(1≠ f1)(1≠ f2)NTT ≠ (1≠ f1)f2NTL ≠ f1(1≠ f2)NLT + f1f2N

LL$

N
rf = 1

(r1 ≠ f1)(r2 ≠ f2)
#
≠(1≠ f1)(1≠ r2)NTT + (1≠ f1)r2NTL + f1(1≠ r2)NLT ≠ f1r2N

LL$

N
fr = 1

(r1 ≠ f1)(r2 ≠ f2)
#
≠(1≠ r1)(1≠ f2)NTT + (1≠ r1)f2NTL + r1(1≠ f2)NLT ≠ r1f2N

LL$

N
ff = 1

(r1 ≠ f1)(r2 ≠ f2)
#
(1≠ r1)(1≠ r2)NTT ≠ (1≠ r1)r2NTL ≠ r1(1≠ r2)NLT + r1r2N

LL$
.

(D.8)
With the number of eventswith real and fake leptons expressed in terms

of the number of events passing the tight and loose-not-tight selection,
we can calculate the number of fake leptons for the two-lepton final state
given in Equation (D.5):

N
fakes = r1f2 ·Nrf + f1r2 ·Nfr + f1f2 ·Nff

= r1f2
(r1 ≠ f1)(r2 ≠ f2)

#
≠(1≠ f1)(1≠ r2)NTT + (1≠ f1)r2NTL + f1(1≠ r2)NLT ≠ f1r2N

LL$

+ f1r2
(r1 ≠ f1)(r2 ≠ f2)

#
≠(1≠ r1)(1≠ f2)NTT + (1≠ r1)f2NTL + r1(1≠ f2)NLT ≠ r1f2N

LL$

+ f1f2
(r1 ≠ f1)(r2 ≠ f2)

#
(1≠ r1)(1≠ r2)NTT ≠ (1≠ r1)r2NTL ≠ r1(1≠ r2)NLT + r1r2N

LL$
.

(D.9)
This results in

Nfakes =
5
1≠ r1(1≠ f1)

(r1 ≠ f1)
r2(1≠ f2)
(r2 ≠ f2)

6
NTT + r1(1≠ f1)

(r1 ≠ f1)
r2f2

(r2 ≠ f2)
NTF

+ r1f1
(r1 ≠ f1)

r2(1≠ f2)
(r2 ≠ f2)

NFT ≠ r1f1
(r1 ≠ f1)

r2f2
(r2 ≠ f2)

NFF.

(D.10)

Asmentioned in Section 5.2, the efficiencies are dependent on the trans-
verse momentum but not on the specific lepton. Since it is irrelevant which
of the two leptons is fake, we can combineNTF andNFT. For consistency,
we define the sum of NTF and NFT as NCR1, NFF as NCR2, and NTT as NSR.
Thus, we can rewrite Equation (D.10),

Nfakes =
C
1≠

2Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

D
NSR + ri(1≠ fi)

(ri ≠ fi)
rjfj

(rj ≠ fj)
NCR1

≠
A 2Ÿ

j=1

rjfj

(rj ≠ fj)

B
NCR2,

(D.11)
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where the index i always refers to the tight lepton and the index j always
refers to the loose-not-tight lepton.

D.1.3 Three-lepton final state

Similar to before, we define the matrix relation for the three-lepton final
state,

Q

ccccccccccccca

N
TTT

N
TTL

N
TLT

N
LTT

N
TLL

N
LTL

N
LLT

N
LLL

R

dddddddddddddb

=

Q

ccccccccccccca

r1r2r3 r1r2f3 r1f2r3 f1r2r3
r1r2(1≠ r3) r1r2(1≠ f3) r1f2(1≠ r3) f1r2(1≠ r3)
r1(1≠ r2)r3 r1(1≠ r2)f3 r1(1≠ f2)r3 f1(1≠ r2)r3
(1≠ r1)r2r3 (1≠ r1)r2f3 (1≠ r1)f2r3 (1≠ f1)r2r3

r1(1≠ r2)(1≠ r3) r1(1≠ r2)(1≠ f3) r1(1≠ f2)(1≠ r3) f1(1≠ r2)(1≠ r3)
(1≠ r1)r2(1≠ r3) (1≠ r1)r2(1≠ f3) (1≠ r1)f2(1≠ r3) (1≠ f1)r2(1≠ r3)
(1≠ r1)(1≠ r2)r3 (1≠ r1)(1≠ r2)f3 (1≠ r1)(1≠ f2)r3 (1≠ f1)(1≠ r2)r3

(1≠ r1)(1≠ r2)(1≠ r3) (1≠ r1)(1≠ r2)(1≠ f3) (1≠ r1)(1≠ f2)(1≠ r3) (1≠ f1)(1≠ r2)(1≠ r3)

r1f2f3 f1r2f3 f1f2r3 f1f2f3
r1f2(1≠ f3) f1r2(1≠ f3) f1f2(1≠ r3) f1f2(1≠ f3)
r1(1≠ f2)f3 f1(1≠ r2)f3 f1(1≠ f2)r3 f1(1≠ f2)f3
(1≠ r1)f2f3 (1≠ f1)r2f3 (1≠ f1)f2r3 (1≠ f1)f2f3

r1(1≠ f2)(1≠ f3) f1(1≠ r2)(1≠ f3) f1(1≠ f2)(1≠ r3) f1(1≠ f2)(1≠ f3)
(1≠ r1)f2(1≠ f3) (1≠ f1)r2(1≠ f3) (1≠ f1)f2(1≠ r3) (1≠ f1)f2(1≠ f3)
(1≠ r1)(1≠ f2)f3 (1≠ f1)(1≠ r2)f3 (1≠ f1)(1≠ f2)r3 (1≠ f1)(1≠ f2)f3

(1≠ r1)(1≠ f2)(1≠ f3) (1≠ f1)(1≠ r2)(1≠ f3) (1≠ f1)(1≠ f2)(1≠ r3) (1≠ f1)(1≠ f2)(1≠ f3)

R

dddddddddddddb

Q

ccccccccccccca

N
rrr

N
rrf

N
rfr

N
frr

N
rff

N
frf

N
ffr

N
fff

R

dddddddddddddb

(D.12)

In the case of three leptons, the number of events with at least one fake
lepton is given by

N
fakes =r1r2f3 ·Nrrf + r1f2r3 ·Nrfr + f1r2r3 ·Nfrr

+ r1f2f3 ·Nrff + f1r2f3 ·Nfrf + f1f2r3 ·Nffr + f1f2f3 ·Nfff
.

(D.13)

Now we need N
rrf , Nrfr, Nfrr, Nrff , Nfrf , Nffr and N

fff in terms of
N

TTT,NTTL,NTLT,NLTT,NTLL,NLTL,NLLT andN
LLL. Following the same

approach as before, we get
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N
rrr = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(≠1 + f1 + f2 + f3 ≠ f2f3 ≠ f1f3 ≠ f1f2 + f1f2f3)NTTT

+ (f3 ≠ f2f3 ≠ f1f3 + f1f2f3)NTTF

+ (f2 ≠ f2f3 ≠ f1f2 + f1f2f3)NTFT

+ (f1 ≠ f1f2 ≠ f1f3 + f1f2f3)NFTT + (≠f2f3 + f1f2f3)NTFF

+(≠f1f3 + f1f2f3)NFTF + (≠f1f2 + f1f2f3)NFFT + (f1f2f3)NFFF$

N
rrf = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(1≠ f1 ≠ f2 ≠ r3 + f2r3 + f1r3 + f1f2 ≠ f1f2r3)NTTT

+ (≠r3 + f2r3 + f1r3 ≠ f1f2r3)NTTF

+ (≠f2 + f2r3 + f1f2 ≠ f1f2r3)NTFT

+ (≠f1 + f1r3 + f1f2 ≠ f1f2r3)NFTT + (f2r3 ≠ f1f2r3)NTFF

+(f1r3 ≠ f1f2r3)NFTF + (f1f2 ≠ f1f2r3)NFFT + (f1f2r3)NFFF$

N
rfr = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(1≠ f1 ≠ r2 ≠ f3 + f3r2 + f1r2 + f1f3 ≠ f1f3r2)NTTT

+ (≠f3 + r2f3 + f1f3 ≠ f1f3r2)NTTF

+ (≠r2 + r2f3 + f1r2 ≠ f1f3r2)NTFT

+ (≠f1 + f1r2 + f1f3 ≠ f1f3r2)NFTT + (r2f3 ≠ f1r2f3)NTFF

+(f1f3 ≠ f1r2f3)NFTF ≠ (f1r2 + f1r2f3)NFFT ≠ (f1r2f3)NFFF$

N
frr = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(1≠ r1 ≠ f2 ≠ f3 + r1f3 + r1f2 + f2f3 ≠ r1f2f3)NTTT

+ (≠f3 + r1f3 + f2f3 ≠ r1f2f3)NTTF

+ (≠f2 + r1f2 + f2f3 ≠ r1f2f3)NTFT

+ (≠r1 + r1f3 + r1f2 ≠ r1f2f3)NFTT + (f2f3 ≠ r1f2f3)NTFF

+(r1f3 ≠ r1f2f3)NFTF + (r1f2 ≠ r1f2f3)NFFT ≠ (r1f2f3)NFFF$
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N
rff = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(≠1 + f1 + r2 + r3 ≠ r2r3 ≠ f1r2 ≠ f1r3 + f1r2r3)NTTT

+ (r3 ≠ r2r3 ≠ f1r3 + f1r2r3)NTTF

+ (r2 ≠ r2r3 ≠ f1r2 + f1r2r3)NTFT

+ (≠f1 ≠ f1r3 ≠ f1r2 + f1r2r3)NFTT + (≠r2r3 + f1r2r3)NTFF

+(≠f1r3 + f1r2r3)NFTF + (≠f1r2 + f1r2r3)NFFT + (f1r2r3)NFFF$

N
frf = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(≠1 + r1 + f2 + r3 ≠ r1r3 ≠ r1f2 ≠ f2r3 + r1f2r3)NTTT

+ (r3 ≠ r1r3 ≠ f2r3 + r1f2r3)NTTF

+ (f2 ≠ r1f2 ≠ f2r3 + r1f2r3)NTFT

+ (r1 ≠ r1r3 ≠ r1f2 + r1f2r3)NFTT + (≠f2r3 + r1f2r3)NTFF

+(≠r1r3 + r1f2r3)NFTF + (≠r1f2 + r1f2r3)NFFT + (r1f2r3)NFFF$

N
ffr = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(≠1 + r1 + r2 + f3 ≠ r1r2 ≠ r1f3 ≠ r2f3 + r1r2f3)NTTT

+ (f3 ≠ r1f3 ≠ r2f3 + r1r2f3)NTTF

+ (r2 ≠ r1r2 ≠ r2f3 + r1r2f3)NTFT

+ (r1 ≠ r1r2 ≠ r1f3 + r1r2f3)NFTT + (≠r2f3 + r1r2f3)NTFF

+(≠r1f3 + r1r2f3)NFTF + (≠r1r2 + r1r2f3)NFFT + (r1r2f3)NFFF$

N
fff = 1

(f1 ≠ r1)(f2 ≠ r2)(f3 ≠ r3)#
(1≠ r1 ≠ r2 ≠ r3 + r1r2 + r1r3 + r2r3 ≠ r1r2r3)NTTT

+ (≠r3 + r1r3 + r2r3 ≠ r1r2r3)NTTF

+ (≠r2 + r1r2 + r2r3 ≠ r1r2r3)NTFT

+ (≠r1 + r1r2 + r1r3 ≠ r1r2r3)NFTT + (r2r3 ≠ r1r2r3)NTFF

+(r1r3 ≠ r1r2r3)NFTF + (r1r2 ≠ r1r2r3)NFFT ≠ (r1r2r3)NFFF$
.

(D.14)

Now,we can calculate the number of eventswith at least one fake lepton
for the three-lepton case by combining Equation (D.13) and Equation (D.14).
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After some simplifications we get

N
fakes = 1

(r1 ≠ f1)(r2 ≠ f2)(r3 ≠ f3)
[((r1 ≠ f1)(r2 ≠ f2)(r3 ≠ f3)

≠ r1(1≠ f1)r2(1≠ f2)r3(1≠ f3))NTTT

+ (r1(1≠ f1)r2(1≠ f2)r3f3)NTTF

+ (r1(1≠ f1)r2f2r3(1≠ f3))NTFT

+ (r1f1r2(1≠ f2)r3(1≠ f3))NFTT

≠ (r1(1≠ f1)r2f2r3f3)NTFF ≠ (r1f1r2(1≠ f2)r3f3)NFTF

≠(r1f1r2f2r3(1≠ f3))NFFT + (r1f1r2f2r3f3)NFFF$
.

(D.15)

We can combine the events with two tight and one loose-not-tight
lepton into NCR1, as well as the events with one tight and two loose-not-
tight leptons intoNCR2. The events with three loose-not-tight leptons are
NCR3 and with three tight leptons areNSR. Rewriting Equation (D.15), we
get

Nfakes =
C
1≠

3Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

D
NSR

+
A 2Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

B
rjfj

(rj ≠ fj)
NCR1

≠
A 1Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

BA 2Ÿ

j=1

rjfj

(rj ≠ fj)

B
NCR2

+
A 3Ÿ

j=1

rjfj

(rj ≠ fj)

B
NCR3.

(D.16)

D.1.4 Four-lepton final state

We can see a pattern on how each additional lepton contributes. Thus, we
can extrapolate to the four-lepton case without the need to invert a 16x16
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matrix. Thus, for the four-lepton case the following equation holds:

Nfakes =
C
1≠

A 4Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

BD
NSR +

A 3Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

B
rjfj

(rj ≠ fj)
NCR1

≠
A 2Ÿ

i=1

ri(1≠ fi)
(ri ≠ fi)

BA 2Ÿ

j=1

rjfj

(rj ≠ fj)

B
NCR2

+ ri(1≠ fi)
(ri ≠ fi)

A 3Ÿ

j=1

rjfj

(rj ≠ fj)

B
NCR3 ≠

A 4Ÿ

j=1

rjfj

(rj ≠ fj)

B
NCR4.

(D.17)
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